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BcrynneHune

BazoBbiii anroput™ nposepku mogenein gns CTL

P 11e0N0OrnYecKy NpocCT: CBOANT 3adady NPOBEPKMN BbIMOAHUMOCTY
dopmMy/bl Ha MoAenn K Habopy XOpOLLIO U3BECTHbIX 3aja4y TeopuK
rpados:

> BblAeNEHNE KOMMOHEHT CUNbHON CBA3HOCTMH,

» npoBepka AOCTVXKUMOCTYW BEPLUNH
>

» TeopeTunyeckn achbdeKTUBEH: €ro CJ0XKHOCTb NOJIMHOMMANbHA C
HEBLICOKOI cTeneHbto (6e3 y4éTa anropmTma BbIHUCIEHNS H.K.C.C. —
JINHEHA) OTHOCKUTENBLHO Pa3MepoB MOAENMN U (POPMYb
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BcrynneHune

Ho y 6a30Boro anroputma ecTb U HEJOCTATKN

[ns npumepa MO)XHO NpeACTaBUTb OTHOCUTENbLHO HEDO/IbLLYIO CUCTEMY U3
20 nNpoLeccoB, B KaXXA0M U3 KOTOPbIX cogepxunTcsa 20 OyneBbix NepemMeHHbIX

B Takoii cucteme byaet 6onee 10120 coctosnnii (4TobbI 0co3HaTS,

HAaCKOJIbKO 3TO MHOro: 60/blLe, YeM ryro)

B 6a3oBom anroputme rpad Mofenn XpaHUTCS ABHO M NOJIHOCTbIO, 4TO
NPUBOAUT K HEPA3YMHOMY U [aXKe HEBO3MOXHOMY pacxofy namMsiTu

A MOXXHO N1 COKPaTUTL pacxon nNaMsiTu, NpeacTaBuB Moaenb bonee
athbhekTNBHO?

w
=
[oo]
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BcrynneHune

Hanomunanne: konewHas mogens Kpunke M = (S, Sp, —, L) — aT0
P> KOHEeYHOe MHOXKECTBO COCTOSHUA S
P> KOHEYHOEe MHOXECTBO HadaslbHbIX COCTOSIHUI Sy
P> OTHOLLEHMNE NepexofoB Ha Nnape KOHeYHbIX MHOXECTB COCTOSAHUIA —
>

hYHKLMSA pa3MeTKK, COMOCTABNSOLIAA KaXKAOMY COCTOSIHUIO KOHEYHOe
MHOXeCTBO L

[pyroe HanoMunHaHue:
» B ={0,1} (6byaem ncnonbzosatb 0 Kak cuHOHUM f 1 1 Kak CUHOHUM t)

» bynesa yHKUUS MECTHOCTU N — 3T0 dbyHkums f : B — B
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CI/IMBOJ'IbeIe npeacrtaBJieHnsA
CMBOJIbHBIE MPeACTaBNEHNST — 3TO CEMENCTBO 3PPEKTUBHBLIX
npeacTaeneHunii cTpykTyp (rpacoBbiX 1 He TOBKO), CTAHOBSILLIEECS BCE
Bonee NoNynsipHbIM B NMPaKTUKE «YMHOr0O» MPOrpamMMUPOBAHUS, N KOPOTKO
MOX>XHO OMMCaTb ero Tak:

1.

MpeacTaBnsiemblii 06beKT nepenucbiBaeTcs (KOAMPYeTCs) Kak
COBOKYMHOCTb MHOXECTB HabopoB HoJel 1 eanHWL, 3aaHHOi ANUHbI

Kaxgoe MHOXXecTBO S HabopoB HOMER 1 efuHUL, ANUHBI N
PaCLEHUBAETCSA KaK XapaKTepUCTUYeCKoe MHOXECTBO N-MeCTHOW
Oynesoii pyHkumn fs: fs(a) =1< ae€ S

BbibupaeTtcsa noaxonsiiee npeacTaB/ieHNne NoJiydatolwmxcsa bynesbix
(OYHKLUMA B 3aBUCUMOCTW OT MPUPOIbl NCXOAHbIX 0O BEKTOB 1 OT TOro,
KakK C HUMW MpeanosiaraeTcst B3aUMOAENCTBOBaTL (3TOT MyHKT
Heobsi3aTesIeH, MoKa pedb He UAET O MPOrpamMmMHOL peansauymm)

CnMBONBLHOE NpefcTaBaeHe 06bekTa — 3TO COBOKYMHOCTb
npeacTaBneHn byneBbix MYHKLUWI, KOAVPYIOLLIMX 0OBEKT, 1 peannsauus
TpebyeMbix onepauunii Haf 0O bEKTOM B TEPMUHAX OyneBbIX DYHKLNT
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CumBosibHOE npeacTtassiieHne rpada
HayHéM ¢ npocToro npumepa: onuiLeM CUMBOLHOE MPeACTaBAEHNE
KOHe4Horo opueHTuposaHHoro rpacda G = (V/, E), rae V — 370 KoHeuHoe
MHOXeCTBO BepluH 1 E C V' X V' — MHOXeCTBO fyr (ABymMecTHoe
OTHOLLIEHNE Ha MHOXXECTBE BEPLLH)
[nsi 3TOro Hay4mmcst CUMBOJIbHO NPEACTaBASATL KOHEYHblEe MHOXECTBA (Kak
3aecb V) 1 KoHeYHble ABYMECTHbIE OTHOLWIEHNS HA MPeacTaBAeHHbIX
CYMBOJIbHO MHOXKeCTBax (Kak 3aech E)
Jnst Havana npefcTaBUM CUMBOJIBHO MHOXECTBO V/
ConocTaBuM anemeHTaM V' yHUKaNbHbIE YUCaa, UX HOMEpa:

P eCNN HyMepaums yXKe 3afaHa, TO UCMOJb3YeM eg,

P 3 MHaYe NPOHYMEPYEM 3SEMEHTLI MO CBOEMY YCMOTPEHNIO
Hanpuwmep, V = {vw, vi,..., vy}, 1 BeplwmnHe v; oTBeYaeT Homep n(v;) = i
(ganbue B npumepax byaem 1MCrnonbL30BaTh 3Ty HYMEPaLnto)

Kak-nnbo Bbl6ep€M TakKO€ KOJIMHYECTBO pPa3psAa0B k, B KOTOpPOE BMELAETCA
ABON4YHAA 3anncCb HanbosbLIero pacCMaTpnUBaEMOro 4ncia

Hanpumep, k = [log,(n)] + 1
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CumBosibHOE npeacTtassiieHne rpada
3aMEHUM KaxKabli HOMep | Ha ero ABOUYHYO 3anuchb (/)5 B k paspsigax

B pesynbTaTte nonyynm MHoxecTBO Vg HabopoB Honel 1 eanHUL, ANnHbI K,
npencTaBasitollee MHOXKeCTBO V/

Hanpumep, Vs = {(0)5, (1)5, (25, ... ()%}

XapakTepuctuieckas dyHkLua MHoxectsa X C Boolk — 310 dbyHkums

f:B"— B, takasa yto f(a) =1 < a e X

[Mepeliiém 0T MHOXXeCTBa Vg K €ro xapakTepuctu4ecko dyHkumm fy

Hanpumep, ans V = {v, v1, ..., vy} 3Ta ddyHKUNS 3a0aETCs Tak:
f\/((i)’z‘) =1<i<n

Bynem cunTtaTb, 4TO NepemMeHHble 3TOW (OYHKLIMN YCTPOEHbLI TakK:
fv(Xk=1.....x1,X0)

MpeacTaBum Kak-1mbo 3Ty dpyHKUUO — (HO Tak 06bIYHO HE [eNaroT, HO)

Hanpumep, B BUAe cosepllerHHor JHD

Takoe npeacTasneHne MHoxxecTsa V' (kakas-nubo dopma npefacTaBneHus:
yHkumuy fy/) ByaeM HasbiBaTb CTaHAAPTHLIM CYMBOJIbHLIM
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CumBosibHOE npeacTtassiieHne rpada

Tenepb Hay4YUMCsi NPeACTaBASATb CUMBOILHO OTHoweHne £ C V x V/, umes
Hymepauuto anemeHToB V

Mepeiiaém oT MHOXeCTBa nap £ K MHOXeCTBY HOMEPOB 3/1EMEHTOB 3TUX
nap: £ = {(n(v),n(w)) | (v, w) € E} C BX x BX

XapakTepuctunyeckas dyHKLMS ABYMECTHOIO OTHOLLEHNS Ij C Bk x Bk —
5To dyrkuma f : B2k — B, Takas uto f(a,B) =1 & (a,B) € R

[Mepeligém oT oTHOLLEHNS Eg K ero xapakTtepuctudeckoht dyHkuum fg

Byaem cunTaTh, YTO nepemMeHHble 3TN YHKLMN YCTPOEHbI Tak:
/ ’
fE(Xk—lv ce XL X0 X g0 - ,Xl,XO)

Kakoe-nnbo npeacrtasnieHne 3Tol yHKLUM ByaemM Ha3biBaTb CTaHAAPTHLIM
CYMBOJIbHBIM MpeacTaBAeHeM OTHOLWEeHNA E
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CumBosibHOE npeacTtassiieHne rpada

Hanpuwmep:

3akoaupyem BepLmHbl Yucnamu 0 (nesast), 1 (BepxHsis) n 2 (npasas)
3annwem 3Tn 4ucna agonyHo B AByx paspsgax: (0)3 = (00), (1)3 = (01),
(2)3 = (10)
XapakTtepuctuyeckyto yHkumto mHoxectsa {(00), (01), (10)},
OTBeYaloL|ero BepLUNHAM, MOXHO NPeACTaBnTb hopMyoii

—(x1 & x0)

XapaKTepncTnyeckyto OYHKLUIO OTHOLLIEHNS

{((00), (01)). ((01), (10)), ((10). (00))},

OTBeYatoLLero ayramM, MO)KHO NpeacTaBuTb popMynoi
X1 & X0 & X] & X}V X1 & X0 & X] & XG V X1 & X0 & X1 & X
CuMBOSIbHOE NpeacTaBieHmne rpada — 3TO Napa HanMCaHHbIX Bbille hopmMyn
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CunmBonbHOE npeacrtasJjieHNE Moaesin KpI/II'IKe

KoHeunyto mogenb Kpunke M = (S, Sp, —, L) Hag MHoxxecTBOM AP MOXXHO

NPeEACTAaBUTb KakK Ha6op Cneayrownx KOHEHYHbIX MHOXECTB W OTHOLLEHWIA:

> S — KOHeYHOe MHOXECTBO

> S5CS

» -CSxS

» MHoxectBo S, ={s|seS, peL(s)} CS ana kaxporo p € AP

CuMBOSIbHBIM NpeacTaBneHem moaenn Kpunke byaem Ha3bliBaTb
COBOKYMHOCTb CTaHAAPTHbIX NpeAcTasienuii ana S, So, — n S, ana
Kaxgoro p € AP ans obuleid Hymepauumn sneMeHToB S 1 obuiero 4mucna
pa3psaoB k
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CunmBonbHOE npeacrtasJjieHNE Moaesin KpI/II'IKe

Hanpuwmep (AP = {p, q})

ﬂpMMep CNMBOJIbHOIO NMpeEACTaBIEHNA 3TOWN Moaenn KpI/II'IKe ANnA HymMmepaunm

coctosiHuii 0 (nesoe), 1 (BepxHee), 2 (NpaBoe) 1 ABYX pa3psiaoB:
» MHoXecTBO cocTosiHMIA: (X1 & X0)
» MHOXECTBO HadaNlbHbIX COCTOSIHUI: —Xg
» OTHoLlLeHNe NePeXOOB:
—x1 & (X0 & X7 & =g V —x0 & X1 & Xg) V X1 & X0 & —X]
> MuoxecTBo Sp: Xo @ X1

> MHoxecTBo Sq: X1 & —Xo
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Onepau,vun Had CMMBOJIbHbIMWN NpeEACTaB1EHNAMN

Mano ymMeTb 3anncbiBaTb MHOXECTBa Kak OyneBbl DyHKLWMN, OObIYHO
TpebyeTcs YMETb UX CTPOUTL U NMPUMEHATL K HUM
TEOPETUKO-MHOXKECTBEHHbIE OnepaLmnm

CraHpapTHoe npeacTasaenve (): £

CraHpapTHoe npesctasierne {i} — 3TO 3NeMeHTapHas KOHBIOHKLUNWS,
NPeACTaBAAIOLLIAA XapaKTEPUCTNYECKYIO PYHKLIMIO 3TOMO MHOXECTBA

Ecnn @1 — npefcraeneHne MHoXecTBa S1 U o — nNpeacTaBieHne
MHOXeCTBa Sy, TO:

> S US> npeacTaBasieTcs Kak @1 Vo
> S1N S, NpeacTaBnseTcs Kak @1 & oo

> S\ S, npeacTaBasieTcs Kak o1 & o
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OTkyna 6epyTcs cumBoJibHbIE NpeacTaBneHns (npumep)

YT0o0Obl pasBesATb BMnevaTieHe O TOM, YTO CMMBOJIbHOE MpeACcTaB/eHne
Mozenn Kpunke — 3TO «HEeCTECTBEHHAs» KOHCTPYKLUUS, Heobxoanumas
TONbKO B TEXHWYECKUX LieNsIX, MPUBEAEM MPUMEP, KOrAa Takoe
npefcTaBfeHne BO3HUKAET Npexae «siBHoroy (a ewé nyyie ato byaet
3ameTHO B obsizaTesIbHOM 3agaHuu no cpeactsy NuSMV)

Mpenctasum cebe MMNEPATUBHYIO NMPOrpaMMy Hal NepeMeHHbIMM
V ={vi,..., vy}, K&OXKAAA U3 KOTOPbLIX NMPUHUMAET 3HAYEHNST U3 KOHEYHOTO
MHOxecTBa D (fomeHa)

CynTas nepeMeHHble YNopsifoYeHHbIMU MO HOMEpaM, ByaemM CUMTaTh
COCTOSIHNEM [JaHHbIX Habop 3HadveHwuii (di, ..., dy) € D"

CocTosiHuem ynpagreHsi ByaeM CYUTaTh 3HAYEHUe CUYETYMKA KOMaH —
ocoboii nepeMeHHast pc, NPUHUMALOLLER 3HaYeHNsI U3 KOHEYHOrO MHOXKECTBA
Dpc v 3HaYeHne KOTOPOW — 3TO HOMep KOMaHAbl, koTopas byaeT
BbINOMHATLCA CAeAyoLLel

Toraa coCToaHNA BbIYUCIEHNA — 3TO 3NeMeHTbl MHOXecTBa D X Dpe
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OTkyna 6epyTcs cumBoJibHbIE NpeacTaBneHns (npumep)

Ka)kzoe «3neMeHTapHoe» YTBEPXKAEHNE O 3HAUYEHUSIX NEPEMEHHbIX 1
CHETYMKE KOMAHA: Vi = K, V; = Vj, pC = K — MOXHO TPaKTOBaTb KakK
cokpalleHve anst dynesoii hopMysbl, ONUCLIBAIOLLEN Takoe pPaBEHCTBO AN
OBOWYHbIX 3aMNCEN 3HAYEHUI NEPEMEHHbIX

Hanpumep, ecnu nepemeHHOl Vo COMOCTaBNEHbI NEPEMEHHbIE X3, Xa, X5 (OT
MAaALWero paspsiia K CTapliemy), TO BblpaXkeHne Vo = 3 — 3TO CoKpalleHue
onst hopmynbl —x5 & X4 & X3

OcTanbHble («NPON3BOAHbLIEY ) COOTHOLLEHNST MEXY 3HAYEHNSIMK

NeEPEMEHHbIX U CHETHMKA KOMAHJ aHAIOTMYHO MOXHO CHUTATb
COKPALLEHNSAMUN A1 COOTBETCTBYHOLLMX OyneBbIx hopMyn

CocTosHuto OaHHbBIX N COCTOAHUIO BbIHYNCNEHUA €CTECTBEHHO
COMOCTaBIATCA KOHBIOHKLUNN TakKuUxX Bblpa)KeHVIVI

Hanpumep, cocTosiHnio JaHHbIX (2, 3, 5) ONS NePeEMEHHbIX Vi, Vo, V3
cooTseTCTBYeT hopmyna ¢ = (v1 = 2) &(v2 = 3) &(v3 = 5), a 3T0ii oueHke
1 3HAYEHUIO CHETYMKA KOoMaHA 5 — dopmyna ¢ &(pc = 5)
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OTkyna 6epyTcs cumBoJibHbIE NpeacTaBneHns (npumep)

Ecnn cocTosiHne aaHHbIX, C KOTOPOro MporpaMMa HayvHaeT BblYUCIEHNE,
OAHO3HAYHO OMnpeAeNeHo, TO MHOXECTO Ha4allbHbIX COCTOSIHII MOAENN
3a4aéTcs hopmynoid, oTBe4atoLleli 3TOMy COCTOSIHUIO U HaYasbHOMY
3HAYEHUIO CHETYMKA KoMaHA (0bbldHO — 0)

Ecnan HeT, To cemelicTBO AOMYCTUMbIX OLEHOK HEPEAKO eCTECTBEHHO
3anncbiBaeTcs B Buge hopmysbl (npeayciosus)

CaMblli NPOCTOR 1 Npy 3TOM MONE3HbLIA BUA aTOMAaPHbLIX BbICKA3bIBAHUI AN
paccMaTpuBaeMol NporpamMMbl — 3TO BbICKa3blBaHUA Buaa v; = k

MHOXeCTBO COCTOSIHWIA S, KOTOPbIE Pa3MeYeHbl BbICKa3blBaHUEM
p = (v; = k), 3agaétcs cdopmynoii v; = k
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OTkyna 6epyTcs cumBoJibHbIE NpeacTaBneHns (npumep)
MHOXeCTBO nepexofoB, onpeaensieMbix Anst koMmaHgbl C onepaLoHHON
CEMaHTVKO, Kak NpaBuUio, NEerko Bbipa)kaeTcst B Buae hopMynbl Y Haj
ABYMS KOMMAEKTaM1 NepemMeHHbIX: «0Bbl4HbIE» AN TEKYLUUX 3HaYeHWI
nepemMeHHbIX 1 TEKYLLEro 3Ha4eHNs CHETYMKA KOMaHS, 1
KWTPUXOBAHHBIEY» — [151 3HAYEHW NEePEMEHHbIX 1 CHETYMKA KOMaH/ nocie
BbinoaHeHus C
Hanpumep, nepexoabl Anst KOMaHfbl x := y + 1; nporpammsbl Hag {x, v}
3apatotcs dopmynoii (x' =y + 1) &(y' = y) &(pc’ = pc + 1):

» Crepytolliee 3Ha4eHMe NepeMeHHol x — 3TO Tekyllee 3HadyeHne

nepeMeHHOl y MIKoC OaNH

» 3HayeHUe NepeMEHHO y He N3MEHSETCS

> BaxxHo! — ec/in BbIYEpKHYTb MHOXNTENbL <y = y», TO 3T0 Byaer
03HayaTb «BbIDOP CnefytoLLero 3Ha4YeHUsl y He BANSIET HA UCTUHHOCTb
hopmMy/bl», TO €CTb «3HAYeHNE ¥ MOXKET MPOU3BOJILHO U3MEHUTLCS NpK
BbINOJHEHNN KOMaHAbI»

» VnpaBneHune nepefaéTcst KoMaHe CO CAeaytonM HOMEPOM
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OTkyna 6epyTcs cumBoJibHbIE NpeacTaBneHns (npumep)
Hns npumepa paccmoTpum nporpammy x = x + 1; y := x + y; Haj
nepeMeHHbLIMU X, § C JoMeHOM B, 1 yCNOBUMCS, YTO 3HaYeHNe CHETUNKA
komanz 0 yKkasbiBaeT Ha nepsoe npuceamsaHue, 1 — Ha BTopoe, u 2
O3HavaeT, 4TO NporpaMMa 3aBepLunnach
CUETUMKY KOMaHZ pc COMOCTaBMM ByneBbl MepemeHHbie pe, (MaaALni
paspsan) 1 pcy (cTapLuinii paspsag)

Torpa:
» MHOXECTBO COCTOsIHWIA NpeacTaBasieTca dopmynoii —(pc = 3)
> MHOXeCTBO NepexofoB NpeACTaBAseTCA OpPMyIOi
(pc = 0) &(x' ©x) &(y' < y) &(pc’ = pc + 1)V
(pc =1)&(x' ¢ x) &(y' < (x D ¥)) &(pc’ = pc + 1)V
(pc = 2) &(x' > x) &(y" * y) &(pc’ = pc)
> VTBEPXKAEHNS O 3HAYEHUSAX PC K PACKOANPYIOTCA» TaK:
(pc =0) ~ (-pcy & —pcy)  (pc = 1) ~ (—pcy & pey)
(pc =2) ~ (pc1 & pcg)  (pc =3) ~ (pcy & pey)
(pc’ = pc) ~ ((pcy > pet) &(peg ¢ peg))
(pc’ = pc + 1) ~ ((pch < (pcy @ pey)) &(pcy © peo))
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OTkyna 6epyTcs cumBoJibHbIE NpeacTaBneHns (npumep)

Ans camocTosITENLHOro pa3MbILLIEHNA:

a KaK BbIrsA4aT (opMysbl, 3ajatoLiye CEMaHTUKY BCEX PYTrMx KOMaHz
UMNEpPaTUBHbLIX NporpaMmm n3 61oka 3 ONnst K eCTEeCTBEHHOW Y apuOMeETUKM
C nepenosiHeHnem?

(370 oco3HaTh He O4eHb CNOXKHO, HO BECbMA M10J1€3HO)

MaTemaTudeckne MeToabl Bepudrkauum cxem n nporpamm, Bnok 24 18/18



