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Jloruka Xoapa

[nsi npoBepKy NPOBEPKY YaCTUYHOW KOPPEKTHOCTU NPOrpamMM MOXXHO
ajanTUpoOBaTh METO CEMAHTUYECKX TabNL: ONPEaeINTL NMOHATUE BbIBO/A
(nepeBa, NOCTPOEHHOMO COMNACHO MpagnIam BbIBOAA), U CBECTU NMPOBEPKY
KOPPEKTHOCTU MPOrpaMMbl K NOCTPOEHNO 0coboro (YCrelHoro) BbiBoga

MpaBuna BbiBoga ByayT BbIrNSAeTb Tak:!
b b b $

- —, = uwm  ——,
vovQ w0, Q7
raoe ©, W, Q — Tpunnetol Xoapa u @, P — pOpMy/bl OTUKN NPeankaTos

Copep)xatesibHOE NMPOYTEHUE:
ecnm B Z WCTUHHbI BCE TPUNNETLI 1 DOPMY/bl NOJ YepToi
T0 B Z UCTUHeH TpunneT ¢

1 Hoare C.A.R. An axiomatic basis for computer programming. 1969
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Jloruka Xoapa

BoT 311 npaBuna:

dedlle} o {elx/thhx = ti{y}
ot = t
(noacraroeka {x/t} npaBuibHa ans @)

{p}if C then 7 else 5 fi{}
{o& Cym{v} {0 &~ Chma{v}

Ry

Rif :

~ . {o}while Cdo 7 od{p& ~C}
while - {(p& C},n.{(p}

R . {o}my mo {9}
1 {oym{x} {x}m{y}

{p}m{y}
o= {@m{y} ' =Y

Rinf -



Jloruka Xoapa

Jlemma (0 KoppekTHOCTM npasun BbiBoga Xoapa). Ans noboii

nHTepnpetauunm Z n aoboro npasusa BbiBoga formkm Xoapa
) d $ )

(¥ vQ o www)
BepHO cnepywowee: ecmm Z EV, ZTEQ, IEFEeuZIEY, 107 = ®

JlokazaTenbCcTBo.

elx/thx = ti{e}
t
MycTb 0 — NPON3BOJILHOE COCTOsIHWE JaHHbIX, Takoe 4To Z = p{x/t}o

[MoapobHo paccMOTpUM TOJNIbLKO MpaBuio R.—

LLlar Bblyncnerns ansi nporpaMmsi <<x = t;» YCTpOeH Tak:
(x:=t; \U} = (0] o{x « t})

Tak Kak Z |= @{x/t}o, To BepHo n Z |= p(o{x « t})

CneposaTtensHo, Z = {@{x/t}}x = t; {¢}

KoppeKTHOCTb OCTaslbHbIX MpaBufl 0DOCHOBLIBAETCS MO TOl »Ke cxeme
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Jloruka Xoapa

Beigog Tpunseta {@}mw{y¥} — 370 AepeBo cneaytoulero Buaa:
» BepLUMHbI pa3MedeHbl TpunieTamu 1 hopmynamm
» KopeHb nomeyeH Tpunnetom {@}m{y}

P neTn BEPLUNHbI ONPefenstoTCa TaK Xe,
KaK 1 B JEpEBE Tabnun4Horo BbIBOAA AJ1A JTOTMKK NMPEANKATOB

» BCe INCTbS NOMeYeHbl hopMynamu

VenelwHslii Boisog Tpunneta {p}m{y} B nHTepnpeTaunmn Z — 370 KOHEUHbII

BbIBOJ, BCE JINCTbA KOTOPOIro NOMeEHEHbI CbOpMyfIaMI/I, NUCTUHHbIMW B T
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Teopema (0 koppekTHocT noruku Xoapa)
Ecnm cywecrByet ycnewHblii BbiBog tpunaerta {o}n{y}
B uHTepnpetauum Z, 1o Z = {p}m{y}

JlokazaTenbCcTBo.
PaccMoTpum npousBosibHbIl yenewHblil Bbiog D ans {p}m{y} 8 Z
Bo Bcex nucTbsix D 3anucaHbl hopmyibl, NCTUHHbIE B Z

MpUMEHNB NIEMMY O KOPPEKTHOCT MPaBi/l BbIBOAA KOHEYHOE HIUCIO pas,
nofy4um BeinonHumocTs Tpunneta {p}m{yY} 8 Z Vv
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Jloruka Xoapa

Mpumep: anropntm dBKANAA.
PaccMoTpum Takyto nporpaMmmy m:

while =(x = y) do if x > y thenx .= x —y; else y :== y — x; fi od
JoKaXkeM, 4TO B pe3y/bTaTe BbINOJHEHWUS T B UHTEpNpeTaum
T =ArZ;0;+,—, - =,>,2>,<,<] (Z — MHOXeCcTBO BCeX LieNbIX Yncen)
B X 3anucblBaeTcsl Hanbonbwmii obwmii penutens (HO/)
NONOXKUTENbHBIX YUCEN, 3a[JaHHbIX B X U y Nepes BbINOIHEHNEM

lpeaycnosue @: 4ncna x U y NOJOXKUTENbHbI, U Z — NepeMeHHas,
obo3zHavatowaa HO x n y B Hayase BbINOJHEHWSI MPOrPaMMbl

ulv: Jw(v=u-w)
ged(u, v, w) = (wu) &(w|v) & Vr ((rfu) &(r|v) =(r < w))
©: x>0&y>0&ged(x,y,2)
[TocTycnosue 1: B x 3anucaH Tpebyembliii HO/]
P x=z

[ns 060CHOBaHWS NPaBUNBHOCTM T JOCTaTOYHO MOCTPONTH
yCrneLHblii TabanyHblii BbiBoA Ana Tpunneta {p}m{y}
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Jloruka Xoapa

{x>0&y >0&gcd(x,y, 2)}
while ~(x = y) doif x > ythenx:=x—y; elsey :=y — x; fi od

{x=2}

[X1:x >0&x > 0&ged(x,y,2) > x> 0&y > 0&gcd(x,y.2)|
[X2: x > 0&y > 0&ged(x.y.2) & —(x=y) > x =2

{x>0&y >0&gcd(x,y,2)}
while =(x = y) doif x > ythenx :=x — y; else y := y — x; fi od
{x>0&y>0&gcd(x,y,z)&(x=7y)}

R {o}m{y}
o= {e kTt — Y
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Jloruka Xoapa

{x>0&y >0&gcd(x,y, 2)}
while ~(x = y) doif x > ythenx:=x—y; elsey :=y — x; fi od

{x=2}

[X1:x >0&x > 0&ged(x,y,2) > x> 0&y > 0&gcd(x,y.2)|
[X2: x > 0&y > 0&ged(x.y.2) & —(x=y) > x =2

{x>0&y >0&gcd(x,y,2)}
while =(x = y) doif x > ythenx :=x — y; else y := y — x; fi od
{x>0&y>0&gcd(x,y,z)&(x=7y)}

{x>0&y>0&gcd(x,y,2)&(x=1y)}
if x>ythenx:=x—y;elsey: =y —x;fi
{x>0&y>0&gcd(x,y,2)}

o {w}while C do 7 od{p&~C}
e {p& Cyniy)
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Jloruka Xoapa

(x> 08y > 0&ecd(x,7.2)& (x = y) &% > y}x = x —y: {x > 0&y > 0&gcd(x.7,2)]]

{x>0&y>0&ged(x,y.2) & (x=y)&E>y)}ly =y —x{x>0&y > 0&gcd(x,y. 2)}|

{x>0&y>0&gcd(x,y,2)&(x=1y)}
if x>ythenx:=x—y;elsey: =y —x;fi
{x>0&y>0&gcd(x,y,2)}

. {p}if C then 7 else 75 fi{y}
" {p& Cymi{v}, {p & ~Clma{v}
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Jloruka Xoapa

{x—y>0&y>0&ged(x—y.y.2)Jx:=x—y;{x >0&y > 0&ged(x.y.2)}]
[x3:x>0&y>0&ged(x,y.2) & (x=y)&x>y—x—y >0&y > 0&gcd(x —y.y.2)]
[x4: x> 0&y >0&ged(x,y.z) >x > 0&y > 0&gcd(x, v, 2)|

5 08y > 0&ecd(,7,2) & (= 1) &x > I = 7~y [ > 0&y > 0&eed(ny. 2)]]
{x>0&y>0&ged(x,y.2) & (x=y)&E>y)}ly =y —x{x>0&y > 0&gcd(x,y. 2)}|

{x>0&y>0&gcd(x,y,2)&(x=1y)}
if x>ythenx:=x—y;elsey: =y —x;fi
{x>0&y>0&gcd(x,y,2)}

R {o}m{y} 7k xs
o= e tm{Yt Y — Y ZE Xa
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Hx—y>0&y>0&ged(x—y.y.2)jx:=x—y;{x >0&y > 0&ged(x.y.2)}]
[x3:x>0&y>0&ged(x,y.2) & (x=y)&x>y—x—y >0&y > 0&gcd(x —y.y.2)]
[x4: x> 0&y >0&ged(x,y.z) >x > 0&y > 0&gcd(x, v, 2)|

5 08y > 0&ecd(,7,2) & (= 1) &x > I = 7~y [ > 0&y > 0&eed(ny. 2)]]
{x>0&y>0&ged(x,y.2) & (x=y)&E>y)}ly =y —x{x>0&y > 0&gcd(x,y. 2)}|

{x>0&y>0&gcd(x,y,2)&(x=1y)}
if x>ythenx:=x—y;elsey: =y —x;fi
{x>0&y>0&gcd(x,y,2)}

. Lo/ =t}
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{x—y>0&y>0&gcd(x—y,y,2)}x:=x—y;{x > 0&y > 0&gcd(x,y,2)}]
[x3:x>0&y>0&ged(x,y.2) & (x=y)&x>y—x—y >0&y > 0&gcd(x —y.y.2)]
[x4:x >0&y > 0&ged(x,y,2) > x> 0&y > 0&gcd(x,y.2)|

> 08y > 0&2ed(n7, )& (=N &x > ylr =%~y (55 0&y > 0&god(ny. )]
{x>0&y>0&ged(x.y.2) & (x=y)&(x>y)}ly =y —x{x>0&y > 0&gcd(x,y, 2)}|

x>0&y>0&gcd(x,y,2)&(x=y)&(x>y)—
x>08&y—x>0&ged(x,y—x,2)

X6 x>0&y >0&gcd(x,y,2) x> 0&y>0&gcd(x,y,z)]
{x>0&y—x>0&gcd(x,y—x,2)}y =y —x{x>0&y > O&gcd(x,y,z)}]

R {o}m{v) TE xs
inf - © N (P/,{(P,}W{w,}v'd}/ — ,dj I ): X6
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{x—y>0&y>0&gcd(x—y,y,2)}x:=x—y;{x > 0&y > 0&gcd(x,y,2)}]
[x3:x>0&y>0&ged(x,y.2) & (x=y)&x>y—x—y >0&y > 0&gcd(x —y.y.2)]
[x4:x >0&y > 0&ged(x,y,2) > x> 0&y > 0&gcd(x,y.2)|

> 08y > 0&2ed(n7, )& (=N &x > ylr =%~y (55 0&y > 0&god(ny. )]
{x>0&y>0&ged(x.y.2) & (x=y)&(x>y)}ly =y —x{x>0&y > 0&gcd(x,y, 2)}|

x>0&y>0&gcd(x,y,2)&(x=y)&(x>y)—
x>08&y—x>0&ged(x,y—x,2)

X6 x>0&y >0&gcd(x,y,2) x> 0&y>0&gcd(x,y,z)]

{x>0&y—x>0&gcd(x,y—x,2)}y =y —x{x>0&y > O&gcd(x,y,z)}]

p Lo/ =t}
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MonHota norukm Xoapa

CornacHo Teopeme 0 KOPPEKTHOCTW NOrky Xoapa,
NPaBUIbHOCTb MPOrpaMMbl MOXXHO 0BOCHOBATb, NMOCTPOUB
ycnelHblli TabanYHbIA BbIBOA Noaxoasiero Tpunaeta Xoapa

A npaBfa nn, Y4TO KOPPEKTHOCTL JIKOOOM MpaBUILHOW NporpamMmebl
MOXXET ObITb 060CHOBaHA MOCTPOEHMEM
yCrewHoro Tabanm4yHoro BbIBOAA NOAXOASILLErO TpunaeTa?

Ha camom pgene 3To He oguH BOMPOC, a ABA NPUHLUNMNANLHO Pa3HbIX:

1. Bce nn cBoiicTBa NpaBUaALHOCTU NPOrpamMm
MOTYT ObITb 3anncaHbl B Buae hopMyn NOTUKN NpeankaTos?

2. Onsa noboro M UCTUHHOIO TPUMAETa CyLLECTBYeT YCNELIHbIA BbIBOA?

Bnok 54 9/14



MonHota norukm Xoapa

OTBeT Ha oba BONPOCA CYLIECTBEHHO 3aBUCUT OT CUrHATYphI,
B KOTOPOW 3annCbIBAtOTCA NPeayCcnoBust U NOCTYCA0BUS

Ecam aTa CUrHaTypa CJANWLKOM CKyAHaA>», TO:

» Eé MoxeT ObITb HeJOCTaTOYHO
N5 3aNUCK CBOMCTB NPaBUALHOCTU NPOrpamMMmbl

» [lpn NnpuMeHeHnn NpaBu
R . {p}my mo{9} R {o}m{d}
U oymix) Damlvr " o=@ {oi =Y

MOXXET U He HaliTuchb noaxoasaLmx dopmyn @', 9P, x,
NO3BOSIOLLNX JOCTPOUTbL BbIBOZ 4O YCMELLHOMO

[Mpn aToM Yem «boradey curHaTypa, TEM TPyAHEE aHaAU3MPOBaTb
WUCTUHHOCTb hopMy/ 1 NoabupaTh «noaxoasiinesy dopMynbl Npu
NOCTPOEHUN BbIBOAA
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ABTOMaTM3auUNa NpPOBEPKN NPABU/ILHOCTU NpPoOrpamMm

A ecnun curHaTypa AOCTaTOYHO «bHoraTtay, TO MOXKHO /i peann3oBaTb
nporpamMMy, aBTOMaTUYECKN [OKA3bIBAKOLLYO KOPPEKTHOCTL NporpaMmm?

Kak 1 B BONpoce Npo NOJIHOTY, 3TO Ha CaMOM [iefle He OflIH BOMpOC, a [Ba:
1. MoXHO An aBTOMaTM3MPOBaTb 3anncb TpunaeTtor Xoapa,
OTBeYatoLLMX CBOMCTBAM MPaBUILHOCTY NporpaMm?

2. Mo)XHO i aBTOMATU3MPOBATL MOCTPOEHNE YCMELLIHOMO BbIBOAA
ONs1 3ajaHHOro Tpunaeta Xoapa?

OTBET Ha NepBbIi BONPOC OAHO3HAYEH — HET:

OAWH W3 FNaBHbIX HEAOCTATKOB (hopMasibHOW BepudrKaLm COCTOUT B TOM,
41O hopManbHasa cneundrkaLmst NPorpaMmbl, Kak Npasuo,

CO3/JAETCS BPYYHYIO CrelnanbHO 0DyYeHHbBIM 3KCNEPTOM
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ABTOMaTM3auUNa NpPOBEPKN NPABU/ILHOCTU NpPoOrpamMm

C aBTOMaTM3aUmMel NOCTPOEHUS YCMNELLHOMO BbIBOAA
0N 3ajaHHOro Tpunaeta Xoapa fena obCcToaT 4YyTh aydlle

Cnabeiiunm npeaycnoBreM Aast NporpamMmbl T U NOCTYCNOBUS 1P
B UHTepnpeTaunn Z Ha3biBaeTca dopmyna wpr(m, ), Z), Takas 4To

> 7 = A{wpr(m ¥, I)}m{y} n
» ans nroboii hopmynbl @, Takolt uTo Z = {p}m{y},
BepHO cooTHoLleHune Z = @ — wpr(m, ¢, Z)

Cnabelilmnx npefycnoBuii Ha camom Aene MOXET ObiTb MHOTO,
HO UMW Peann3ytoTCsl OANHAKOBbIE OTHOLLEHUS,
TaK YTO AAS1 MPOCTOThI MHOMAA ByaeM CUHUTaTb, YTO OHO €AVHCTBEHHO

Teopema. 7 = {p}n{y} &
I E=A{wpr(m, ¥, I)}m{d} mZ = o— wpr(m, ¢, I)

[okazaTenscTBO. CneayeT us onpeaenenunst cnabeiillero npenycioBus v
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ABTOMaTM3auUNa NpPOBEPKN NPABU/ILHOCTU NpPoOrpamMm

Teopema (o cnabeiiuem npegycnosun).
> wpr(0, 9, 7) =9
> wpr(x = t;, 9, T) = P{x/t},

ecnv noacTtaHoBka {x/t} npaBunbHa pnsa ¥
» wpr(if C then 7, else 7 fi, 9, 7) =
C&wpr(mi, ¥, Z)V =C & wpr(mz,,T)
» wpr(my 72,9, L) = wpr(my, wpr(ma, ¥, Z),T)

JokazaTtenbctBo. MoxxeTe nonpoboBaTb CamMu MpU »XeaaHuu,
He Byaem TpaTWUTb Ha 3TO BpPeMs

Takum obpaszom,

» MpoBepKa KOPPEKTHOCTU MPOrpamMMbl CBOAUTCS K BbIYNCNEHUIO
cnabeliliero npeaycnoBms U NPOBEPKY UCTUHHOCTU 3aJaHHOW hopMybl

» [na nporpaMM 6e3 LMKAoB cnabeiilliee Npeayc/ioBre He 3aBUCUT OT
BblIOOpa MHTEPNpPETALUNMN 1 BbIYNCISIETCS OY€Hb NMPOCTO
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ABTOMaTM3auUNa NpPOBEPKN NPABU/ILHOCTU NpPoOrpamMm
A Kak BblHMCNUTb cnabeiillee npenycnosre Ans uukna?

YcTpolicTBo cnabeiiero npeaycnoBusi TECHO CBA3aHO C YCTPOCTBOM
NnpaBua LOKa3aTeNbCTBA KOPPEKTHOCTN NPOrpamMm:

BbIYMCEHME STOrO MpefyCc/oBrst — HACTO/IbKO e (He)npocTasi 3agaya,
HACKOJ/IbKO 1 MPUMEHEHNe NpaBuia Ans NOCTPOEHUS YCHEWHOro BbIBOAA

YHT106bl NPUMEHUTL NPaABUIO
e {¢}while C do 7 od{p & —C}
hile ,
e {p& Cym{p}
TpebyeTcsa npeasapuTeNnbHO HaliTu hopMyNy (0, peannsytoLLyto CBONCTBO
COCTOSIHNIA JaHHbIX, COXPaHSIOLLEECs NPY BbINOJHEHNN KaXKAOro BUTKA LMKNa

JTa (bopMyﬂa (Y HA3bIBAE€TCA NHBAPUNAHTOM LKA N ABHO UMK HEABHO
NCNONb3YETCA NPaKTUYECKN BCerga npu aHanamnse Uynknos

ABTOMaTMYeCKast reHepaunsa MHBapnaHTOB LUMNKAOB — 3TO
KJ1l04EBas npoﬁnema dBTOMaATU3auUnin NpoBEPKN NMPaBUIbLHOCTU NMPOrpaMm
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