MaTtemaTnyeckas normka

mk.cs.msu.ru — JlekyunoHHble kypcel — MaTemaTnueckas norvika (318, 319/2, 241, 242)

Bnok 7
JlekTop:
Jlornka npeaunkaTos:
Moasimos Bnagncnas Bacunbesuy
MOXXHO /11 MPOBEPUTL E-mail-

obuiesHayMMocTb hopMynbl «B 106> 7
. cbopmy valdus@yandex.ru

BMK MIY, 2021/2022, seceHHunii cemecTtp
1/7


https://mk.cs.msu.ru

Lnst norviky BbicKasbiBaHNA CYLLECTBYET OY€Hb NMPOCTON Cnocob npoBepKu
obuiesHaunmocTu hopmyn «B 106> :

» BcnomuunTs, 4To obuwesHaynmocTb hopMysibl B 3TOI Jormke —
3TO TO XKe CaMoe, YTO PaBEHCTBO KoHcTaHTe 1 B bynesoii anrebpe

> [MepebpaTb BCe Habopbl 3HaYeHUDT DyneBbIX NepeMeHHbIX (POpMYyIIb
U ONS KaXKAOro MpoBepUTh,
NPUHUMAET in peannsyemas pyHkuUuUs 3HadeHmne 0

» Ecnu Haiigen xots 6bl oguH Takoit Habop, To dhopmyna HeobuiesHaYMMa;
nHaye copmysa obuwiesHaymma

A MOXHO I aganTUpoBaTh 3TOT METOL NPOBEPKYM OBLLE3HAYMMOCTN
K JIOrMKe npeaukaTos?

«[MepebpaTtb Bce Habopbl 3HaYeHN ByeBbIX NepeMeHHbIX hOpMybI» —
B JIB 310 «[lepebpath BCe nHTepnpetaummn hopmynbis

«Peanuzyemas dyHkunsa npuHumaet 3Hadenme 0» —
B JIB a1o «[lpaBga nu, 4to dpopmyna He BbINOJIHAETCA B MHTEPNPETALUMN D



3HauuT, npsimoe obobuieHne «nobosoroy cnocoba nposepku obLLE3HAYNMOCTH
hopMynbl © Ha NIOrMKY NPEANKATOB BbIFSANT TaK:

» [lepebpaTb BCEBO3MOXHbIE UHTEPRPETALNN
» [ns kaxgoii (o4epeaHoii) nHtepnpetauun Z
NpoBepUTL COOTHOLEeHNE Z = ¢

» Ecnn obHapyxeHa nHtepnpetauus Z, Takas uto Z £ o,
To cpopmyna HeobLie3HaYMMa

» Ecnu Bce nHtepnpetauun nepebpaHbl n Ansi KaXk Lol
nokasaHo cooTHowweHne Z |= ¢, To popmyna obLiesHa4mma

Ho Bcé He Tak npocTo:
» Kak 3agaTb uHTepnpetauuto ¢ beckoHe4yHol npegmMeTHol obnactbio?
» Kak nepebpaTb «y)acHo»-beCKOHeYHOe YNCN0 UHTEPRpeTaLnii?

» Kak npoeepuTb NCTUHHOCTL hOPMYJbl B TaKOl MHTepnpeTaumun?

Ecnn 661 MOXHO BbINO OrpaHNYNTLCS TONBKO KOHEYHLIMU UHTEPNPETALUSAMM,
TO npobaem bbl OBbIIO HAMHOMO MEHbLLE, HO ...
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VreepxaeHune. CyuiecTByeT HeobLie3Ha4YMMOe npeaoxeHue,
WCTMHHOE B N1000I MHTepnpeTaunm C KOHeYHOol nNpeamMeTHol 06nacTblo

[okazatensctso. BoT npumep Takoro npepioxenus ¢:
Vx —R(x,x) & Vx Yy Vz (R(x,7) & R(y,z) = R(x,2)) = Ix Vy —R(x,y)
PaccmoTpum Takyto nxtepnpetaumto Z:

» [NpeameTHasi 061aCTb — MHOXECTBO BCEX HATYpasibHbIX YMCES
» R(a,b)=t < a<b

Torpa:
» 7 |= Vx —R(x,X), T.K. HIKaKOe YNCIIO0 He MeHblLue cebs
» 7 =VxVy vz (R(x,y) & R(y, z) = R(x, 2)),
TK. ecnm a < bwu b < ¢, To obsazaTenbHo a < ¢
» 7 = Ix Vy —R(x,y),
T.K. CPefn HaTYpasbHbIX YMCES He CyLLEeCTBYET MaKCUMaJbHOMO

CnepoBatensHo, Z £ ¢, 1 npeanoxeHne ¢ HeobuiesHa4nmMo
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VreepxaeHune. CyuiecTByeT HeobLie3Ha4YMMOe npeaoxeHue,
WCTMHHOE B N1000I MHTepnpeTaunm C KOHeYHOol nNpeamMeTHol 06nacTblo

[okazaTenscTso. BoT npumep Takoro npeanoxexust :
Vx —R(x,x) & Vx Vy Vz (R(x,7) & R(y,z) = R(x,2)) = Ix Vy =R(x,y)

Obuwiee ncTonkoBaHme 3TON POPMysibI, HE 3aBUCSILLEE OT OLEHKN cumBona R,
MOXHO NOYepPrHYTb U3 TEOPUI NOPSAKOB!

» Vx —R(x,x): oTHoweHune R antupednexcnsro
» Vx Vy Vz (R(x,y) & R(y,2) = R(x,z)): oTHoweHne R TpaHsuTtusHo

» Jx ¥y —R(x,y): cywlecTByeT npegmeT, MakcumaibHblii OTHOCUTeNbHO R

Ecnu otHoweHune R anTupedniekcnBHo v TpaH3UTUBHO,
TO CyLLecTBYeT npeameT, MaKCMMasbHbIi OTHOCUTeNnbHO R

WNHbiMn cnosamum,
Ecnm R — oTHoweHne cTpororo 4acTu4Horo nopsigka,
TO CyuwiecTByeT npeamMeT, MaKCUMaJibHbI OTHOCUMTeNbHO R
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VreepxaeHune. CyuiecTByeT HeobLie3Ha4YMMOe npeaoxeHue,
WCTMHHOE B N1000I MHTepnpeTaunm C KOHeYHOol nNpeamMeTHol 06nacTblo

[okazaTenscTso. BoT npumep Takoro npeanoxexust :
Vx —R(x,x) & Vx Vy Vz (R(x,7) & R(y,z) = R(x,2)) = Ix Vy =R(x,y)

Ecnn R — oTHoweHune cTpororo 4actTu4Horo nopsigka,
TO CyLlecTBYeT npeameT, MaKCMMaJsbHbIi OTHOCUTeNbHO R

Kak nssectHo (7), B 10DOM KOHEHHOM 4aCTUHHO YNOPSAOHEHHOM MHOXECTBE
CyLLeCTByeT MaKCUMaJbHbIi 3n1eMeHT

(A ecnu He M3BECTHO, TO JIETKO AOKAa3bIBAETCS MO NHAYKLMN
nan nonyyaercs n3 bonee obuiero yreepxaeHus — nemmol LlopHa) v
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Vr1eepxaexue. Cyuiecteyer Heobuie3Ha4YMmMmoe npepJsioXkeHue,
WCTMHHOE B N1000I MHTepnpeTaunm C KOHeYHOol nNpeamMeTHol 06nacTblo

Mpoeeputh obwesHaynmocTs hopmysel S npu nomowym
noaHoro nepebopa nHTepnpeTaLuii OKasbIBaeTCs KpaliHe 3aTPygHUTENbHO:

> WHTepnpeTtaumii beckoHe4HO MHOMO
> [lepebupaTb beckoHeyHble NHTEpRNpeTauuy nNpobaemMaTuyHo

> OFpaHI/I‘-H/ITb nepe6op TOJIbKO KOHEYHBIMW NHTEPNPETAUNAMN HEBO3MOXXHO

Y10bbl Hay4UTLCS pewwatb 3Ty 3agady,
npuagrcs nsy4mTs bosiee HETPUBMANILHBIE METOAI,
N NpexxAe BCero U3y4mMm CaMblii K MAEONIOMNYECKN MPOCTON Y :

MeTOoj ceMaHTu4Yeckux Tabnuu,
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