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BBenenne

Kypc «OcHoBbl kubepHeTnKn» (paHee «DJeMEHTHl Kubep-
HETUKN» ), CO3/[aTeJeM M OCHOBHBIM JIEKTOPDOM KOTOPOTO ObLI
an.-kopp. PAH C. B. {d6momckuit, antaercs Ha dakyabrere
BMuK MI'V ¢ nepsbIx JieT ero cyiecTBoBanus. B HacTosIee
BpeMs OH YuTaercs B 6-8 ceMecTpax U SBJISETCH 00432 T ILHBIM
JJIsT BCEX CTYJIEHTOB, obydaroruxcs 1o crernuaabaoctr 01.02 —
[IpUKJIaJHAs MaTeMaThuKa u MHMOPMATHKA, & TaKxKe DakaJias-
poB onHonMennoro Hanpasienns 510200 u nanpasaenus 010400
nadopMaImoHHbie Texuogoruu. [Ipu sTom 06beM u, B HEKOTO-
poit crenenu, nporpamma Kypca «OCHOBbI KHOEPHETUKU» Ba-
PBUPYIOTCS B 3aBUCUMOCTH OT CIEIIUAJIN3AIUIN U HAIIPABICHUSI.

Kypc «OcHOBbI KNGEPHETHKM» TMOCBAIIEH H3JIOKEHUIO TEO-
PUU IUCKPETHBIX YIIPABJISIONINX CUCTEM, KOTOPas MPEICTaABIIA-
eT coboil JacThb AMCKPETHON MATEMATHKH W MATeMaTUIeCKOM
kubepHeTuKHU. B Hell pa3pabaThiBAIOTC U U3y IaOTCs JTUCKPET-
Hble MaTEMATHIECKUE MOJIEJIM, OMUCHIBAIONINE (PYHKITHOHIPO-
BaHUE U CTPYKTYPY CJIOKHBIX CHCTEM IpeobpaszoBaHust nHMOP-
Marnuy (MHTerpasbHBIX CXeM, IIPOrpaMM U T. 11.). B ocHoBe 311X
MOJIeJIel JIeXKAT PA3JInIHbIE CIIOCODBI 3a/laHust (DYHKIIMOHUPOBA-
HUS YIIPABJSIONIUX CUCTEM C TOMOIIBIO TUCKPETHBIX (DYyHKITMT
U UX CTPYKTYDHAs peaJin3aliys B TeX WM WHBIX KJaccax Ipa-
dbos (knaccax cxem). [lpu uccsie0BaHUN YIPABJISIIONIIX CUCTEM
CTaBATCS W PEIIAIOTCs JIBe OCHOBHBIE 3aJIa4d: 33/a4a aHAJII3a
U 3aJa4a CUHTE3A.

Bajavua aHaIN3a COCTOUT B HAXOXKIEHWH (DPYHKIIMOHUPOBA-
HUs JJAHHON CXEMBbI, & 3aJla9a CHHTE3a — B I[IOCTPOCHUH CXEMBI,
umerorteii (peasnusyroreit) 3agantoe GyHknornposanne. Kax-
Jlasd M3 9TUX 3aJa9 MOXKET PACCMaTPUBATHCH JUOO KaK WHJIM-
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Bgenernne 5

BHUJlyaJIbHAA 3aJiada, U TOLa €€ PelIeHueM SABJISIeTCsl KOHKPET-
Hoe dyHKIMOHUpOBaHUe (cxema), JnbO Kak MaccoBas 3ajada,
U TOIJa €€ PEIleHrueM JOJ2KEH ObITh aJI'OPUTM HAXOXKIEHUSI
dbyHKIOHNpoBaHus (cxeMbl). 3aaua CUHTE3a UMeeT, KakK IIpa-
BHIJIO, MHOKECTBO PEIEHU, U3 KOTOPLIX BLIOMPAIOT PEIleHue,
ONTUMAJIBHOE 10 KAKOMY-JINOO KPUTEpHUio. aiie BCero B Ka-
9eCTBE TAKOTO KPUTEPHS BBICTYIAET CJIOXKHOCTH CXEMBbI, ITOHU-
MaeMas KaK CyMMa, CJIO?KHOCTEH COCTABJISIIONINX €€ 3JIEMEHTOB
WA 33JIePXKKa CXEeMbl, [TOHUMaeMasi KaK MaKCHMAaJIbHAasl CyM-
Ma 3aJepKeK I TOCJIeIOBATEIbHO COSIMHEHHBIX 3JIEMEHTOB
CXEMBI.

C comepKaTeIbHON TOYKN 3PEHNS Pa3InYHble KPUTEPUN OIl-
TUMAaJbHOCTH OTPAYKAIOT Pa3UYHbIE IapaMeTPhl MOJIETUPYe-
MBIX 9JIEKTPOHHBIX CXEeM MJIM IIporpaMM. Tak, HAIpUMep, CJI0XK-
HOCTh MOXKET XapaKTepPHU30BaTh CTOMMOCTD, Pas3Mephbl WJIU II0-
Tpebisiemyio MorHoctb CBUC, a Takske BpeMsl BBIIOJIHEHHS
IIpOrpaMMBbl Ha OJHOM Irporieccope. IIpu aToMm 3amepKKa CXeMbl
xapakrepudyer Bpemsi cpabarbiBanuss CBUC win BpeMs Bbl-
MIOJTHEHUS IIPOTPAMMBI Ha MTapaJslJIeIbHBIX IPOIEeCcCopax U T. II.

Ecin sagada cunresa perreHa B OAHON MOIEIN, MOXKHO IIbI-
TaThCS [IEPEHECTU TO PEIeHue B JIPYTrue MOJEIH C HOMOIIHIO
CTPYKTYPHOI'O MOJe/JNpOBaHusA. KpomMe TOro, MmojydeHHoe pe-
[IEHUEe MOXKHO <«V/IYUIIATB» C HOMOIIBI0 SKBUBAJEHTHBIX IIpe-
obpazopanuii. C Apyroit CTOPOHBI, €CJIN 3312498 CHHTE3a PeIleHa
JUTst OJTHUX (DYHKIIUIT, MOYKHO IIBITATHCST «Pa30UThy (J€KOMIIO3H-
POBaTh) HOBYIO (DYHKIMIO HA YK€ PACCMOTPEHHBIE U TIOCTPOUTH
13 CUHTE3UPOBAHHBIX JIJISI HUX CXEM CXEMY JIJIsI HOBOI (byHKIMHI
C TIOMOIIBIO OIIEPAIliN CyIEePIIO3UIINN.

VKazaHHBIE BBIIIE 38Ia91 PACCMATPUBAIOTCA B JIEKITUSIX JIJTsT
BCEX OCHOBHBIX KJIACCOB CXeM (JIM3bIOHKTHBHBIE HOPMAJIbHBIE
dopMbl, HOPMYJIBI U CXeMbl 13 (DYHKITMOHAJIBHBIX 3JIEMEHTOB,
KOHTAKTHBIE CXEMBI), a TaKKe JJI1 HEKOTOPLIX MO/ IMbUKAIM
9TUX KJIACCOB.

IlepBas riaBa mocBsIeHa pa3aIndHBIM BOIIPOCAM IIPEICTAB-



6 Bgegenue

JieHust (PYHKIMIT aJIreOpbl JIOTUKH C TIOMOIIIBIO TaOJIUIL U JIN3HIOH-
KTHBHBIX HOPMaJIbHBIX (hOpM (MUHUMU3AIMS N3 bIOHK TUBHBIX
HOPMaJIbHBIX (hOpM).

Bropas riiaBa comepKuT omucanue CTPyKTypbl 1 DYHKIIIO-
HUPOBAHUS CXEM U3 OCHOBHBIX KJIACCOB YIIPABJIAIONINX CHCTEM,
a TaKyKe M3 HEKOTOPBIX KJIACCOB, IIPEJICTABJISIIONIUX CODON mX
06061ennsa mim MoauduKannu. B Heil ycTaHaBINBAIOTCS BEPX-
HUEe OICHKHN YHCJIa CXEeM Pa3/IMYHBIX TUIIOB, pacCMaTPpUBAIOTCA
0COOEHHOCTH TPUMEHEHNUsI OTEPAIINN CYTIEPIIO3UIINN B PA3JIHI-
HBIX KJIACCAX CXE€M U HEKOTOPBIE BOIIPOCHI UX CTPYKTYPHOI'O MO-
JIeTNPOBAHHUSI.

Bo BTopoit riiaBe nu3ydarnTcsi TaKyKe SKBUBAJEHTHBIE IPE0D-
pPa30BaHUs CXeM Ha OCHOBE TOXKJIECTB BO BCEX OCHOBHBIX KJIac-
cax yHpaBJIsSiommx cucreM. Jljist KaxKJI0ro u3 HUX HPUBOIUTCS
CUCTEMa <«OCHOBHBIX» TOXKIECTB, J0Ka3bIBa€TCdA IIOJIHOTaA 3TOM
CHCTEMBI ¥ U3YYaiOTCsT BOTPOCHI €€ U3OBITOTHOCTH.

B Tperbeit rmaBe moapobHO paccMaTpUBAETCs 3aJ1ada CHH-
Te3a yIPaBJSIONNUX CUCTeM. B Hell TpuBOAUTCS TENIBIH CIIEKTD
METOJIOB CHHTEe3a cxeM (0T HPOCTENINNX JI0 ACHMITOTHIECKHU OIl-
TUMAJIBHBIX ), YCTAHABJIUBAIOTCS HUKHUE MOIIHOCTHBIE OIEHKI
dyuknuii [lleHHOHA U OIEHKHU CJIOKHOCTH Psifia KOHKPETHBIX
QYHKIHI, JOKA3BIBAETCS MUHIMAIBHOCTH HEKOTOPBIX CXEM.

B uerBepToil riaBe mpejcTaBeHbl HEKOTOPBIE BOIIPOCHI HAa-
JIEKHOCTH U KOHTPOJISL CXeM (IIOCTPOCHUE TECTB JJIst TabJINUII,
CHHTE3 CAMOKOPPEKTUPYIOIIUXCsE KOHTAKTHBIX CXEM ).



I'maBa 3

CuHTE3 M CJIO2KHOCTDH YIIpaBJIAKOIINX
CUCTEM

§1 3amaua cunresza. IIpocreiiitnue meroabl cuHTe-
3a CXEM U CBSI3aHHbIE C HUMU BE€PXHUE OIEHKU
CJIOYKHOCTU (PYHKIIHIA.

B obmem Bume 3ajata CHHTE3a COCTOUT B IOCTPOEHHUU IO 3a-
JAHHON cucTeMe (PYHKIUI pean3yIoneil ee CXeMbl, KOTOPas
MIPUHA/JIEXKUT 3aJJAaHHOMY KJIACCY M Ha KOTOPOW JOCTUTAeTCs
MUHUMAJIbHOE 3HAYeHNe 33 IAHHOTO (DYHKIIMOHAIA CJIOYKHOCTH.
YacTHBIM CIydaeM 9TOM 3a1a9u ABJISI€TCSI PACCMOTPEHHAA B §7
rmaBel 1 3amada MuanMu3anun JIH®. JlagnMm ocHOBHBIE OIpe-
JleJIeHusI, CBSI3aHHBIE C 3aJadeil cuHTe3a CXeM, U BBeJeM Heob-
XOAUMBbIE O0O3HAYEHMSI.

IIycte U — onuH U3 BBEJIEHHBIX B IJIaBe 2 KJIACCOB CXEM,
KOTODBIN SIBJISIE€TCS TOJIHBIM B TOM CMBICJIE, 9TO KaXKJIyIO CHU-
cremy OAJI F MOXKHO peajim30BaTh HEKOTOPOH €ro cxemoit 3,
a U — kakoit-mbo (pyHKIIMOHAJ CJIOXKHOCTH cxeM Kiacca U,
TO ecTh oToOpaxkeHnue U BO MHOXKECTBO HEOTPUIATEIbHBIX €l
CTBHUTEJIbHBIX 4nces. ByjieM cantarh, 9T0 (PyHKIMOHAT CJIOZK-
Hoctu W 06J1a/18€T CBOMCTBOM MOHOMONHOCMU, TO ecTh W () >
U (X)), ecn X,% € U, u ¥/ momyuaercs u3 X B pesysbrare
yJasienusi Bepius win pebep (cp.c §7 1. 1). Bee BBesiennbie B
rjaBe 2 GYHKIIMOHAJBI CJIOXKHOCTH STUM CBOMCTBOM 00JIaIA0T.
Omnpegennm cioxuocts ¥ (F') cucremsr PAJI F' otHOCHTEIBHO
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8 I'maBa 3. CuHTe3 U CI0XKHOCTD YIIPABJISIONAX CHCTEM

dyuknmonasa ¥ B kiacce U kKak MUHMMAJIBHOE 3HAYUEHUE BEJIU-
qunbl U (X)) Ha MHOXKecTBe Tex cxeM Y u3 U, KoTopble peaansy-
ot F. Ilpu sTom cxema X, npunajexaiias kiaaccy U, koropas
peasmsyer F' u st koropoit U (X) = W (F), Ha3bIBAETCH MUHU-
Mmaavroti cremotl B Kiaacce U orHOcHTEIbHO byHKIMOHANA W,
B cuny monoronnoctu dynknuoHasa ¥, MUHUMaJbHas CXEMa
Bcerja MOXKET ObITh Hall/leHa CPeIy IIPUBEJIEHHBIX CXEM.

Bemmauny ¥ (F'), B Tom ciaydae korjma dyuaknnonans ¥ cos-
najiaer ¢ BBeJIeHHbIM B riiase 2 dyuknuonasom L (D, R, u . i1.),
Oy 1eM Ha3bIBATD CA0HCHOCTBIO0 (COOTBETCTBEHHO 2AYOUHOU, PaH-
eom, u T. 11.) cucmemovr PAJI F. Beenem dyHKIuIO

‘If(n):fg%)\ll(f),

KOTOpast, 0OBITHO, Ha3bIBaeTCs PyHryuelt [llennona das xaac-
ca U ommocumenvro pyrryuonasa croscrocmu W. B nambreii-
meM cJ1okHOCTh cucrtembl DAJI F orHOCHUTEIBHO (DYHKIIMOHA-
jga W s 1100010 U3 BBEAEHHBIX KJIACCOB BUJA ug (Buga UA)
6ynem obosrauath depes WA (F) (coorsercrsenno WA (F)), a
dyukmuio [1lennona /s 3TOro Kjacca OTHOCUTEIbHO U — we-
pes U2 (n) (coorsercrienno WA (n)). B oboznauenusx Kiaccos
UC, UL, a Takke CBI3AHHDLIX C HUMH GYHKIIMOHAJIOB CJI0KHO-
cru u yuknuit [lennona, auknnit uageke b Buma By Oymem,
KaK OOBIYHO, OIlyCKATh.

OTMeTrM HEKOTOPBIE TPOCTENINTE COOTHOIIEHIST MEYK Ty BBe-
Jenabivu dyukimsavu. OueBuaHo, ato Jyist ciaoxkuocreir W (F')
u U’ (F) cucrembr PAJI F ornocurenbho dynkiumonana ¥ B
knaccax cxeM U u U’ cooTBETCTBEHHO BBIOTHAETCA HEpaBEH-
CTBO

V(F) < (F),

ecim U D U”. B wacrnoctu,

VR (F) SR (F),  U5(F) < U7 (F)
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u T. 7. JIOBOJIbHO 9acTO BBIJEJIEHHE MOJKIACCOB M3 OCHOBHDBIX
KJIACCOB CXEM ITPOUCXOJIUT 38 CYET HAJIOKEHUsI PA3TUIHBIX J0-
[OJIHUTE/IbHBIX CBOWCTB Ha paccMaTpUBaeMble CXeMbl. B dact-
nocru, u3 Kiaacca KC soigensiior m-cxembl, KC, obJiagaromniye
CBOICTBAMU Pa3/Ie/INTETLHOCTH, U. T. II.

Bamernm, uro jyuist caoxkuocru L (F) cucremsr PAJT F =
(f1,-.., fm) B JI00OM U3 pacCMATPUBACMBIX KJIACCOB CXEM BbI-
ITOJTHAIOTCA HEpaBEHCTBa

max L(fi) SL(F) <Y L(f)-

3atada CHHTE3a JIONYCKAeT TPUBHAJBHOE pEIleHne, CBI3aH-
HOE C HCIOJIb30BAHUEM II€PEOOPHOr0 aJIrOPUTMa, KOTOPBIH, OJI-
HaKO, UMeeT OOJIBIIYIO TPYAOEMKOCTh U MPAKTHIECKN HE IPU-
meHuM, ecau ducjo BII 6ombire 5.

Jnst peanuzanyun mpon3BoiabHBIX OPAJI u momydyerust Bepx-
HUX OIEHOK WX CJIO2KHOCTU MOXKHO HCIIOJIB30BaTh JAPYTOil mIpo-
CTEHUINNNA MEeTOJ| CUHTE3a CXeM, OCHOBAHHBIN Ha MOJECJINPOBAHNN
copeprennoii JIH®. Ha ocroBe 3Toro MojemmpoBanusi, B IacT-
HOCTH, JIOKA3BIBAETCS CJIEIYIONIEE yTBEPXKIACHUE.

Jlemma 1.1. Jlas mo060t dyrryuu areebpu, aozuru f (1, ..., Ty),
f # 0, cywecmeyrom gpopmyaa Fy, Ty € U®, u m-cxema Xy,
Komopuie peasudyrom f u 0as KOMOPHLL CNPaBedisuss, HepaseH-
cmea:

LE)<m- N1, LE) <Nl (L)

CaencrBue 1. B cuay (1.1), ¢ ywemom moeo, wmo DPAJ 0
MONCHO PEAAUS0BAMD T -CTEMOT, CAOAHCHOCTIU 2, & makdice dop-
myaoti uz UT, umeroweti caosicnocmy 2, 6bnoAnAIOMCA Hepa-
6eHCMBA

* (n)

" (n)

L <n-2ntl o1,
L <n-2™
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CaenctBue 2. B cuay caedecmeua 1 u ¢ ywémom caedcmeus 2
u3 meopemv, 2.1 2aa6v. 2 cnpasediu6o HePaseHcmeo

D(n) <n+ [logn] + 2.

Cremyroree yTBEpKIeHNIE TOKA3BIBAETCSI MOJACINPOBAHIEM
cosepirennoit JIH® ¢ ucnosb3oBaHneM KOHTAKTHOTO J€PEBa.

Jlemma 1.2. Jlaa mobou QPAJI f, f € Po(n) u f # 0, cy-
wecmeyrom w-crema Xy u dpopmyna Fp, Ty € U®, xomopuie
peaausyrom f u das xomopwix, napady c (1.1), cnpasediucol
MaKIce HEPABEHCTMBA:

L(Zp) <2+ Nyl =2, L(Fp) <2"L 4 |Ng| -4

Aoxasamenvcmeo. B KadecTse X ¢ MOXKHO B3ATb T-CXEMY, KO-
Topast nosrydaercst u3 (1,2")-K/I nopsinka n ot BIl 24, ...z,
(puc. 1.1) B pe3yJsibrarTe CHSITHsI T€X €0 BLIXOJOB, IJI€ PEAJIU3Y-

Tn

2

T2 a;
z1

2

8l
3

Puc. 1.1: (1,2")-KoHTaKTHOE JE€PEBO MOPSIJIKA N
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orest DK, ve Bxogsinue B coepriennyo JTHO OAJI f, orox-
JIECTBJIEHUsT OCTAJbHBIX BbixomoB K/l m mepexoma K coormeT-
creytomeit npusegennoit KC. Tak kaxk mpu yJaJeHun BePITHHBI
VIAJISIFOTCSI U BCE MHITUIEHTHBIE €if KOHTAKThI, TO

L(S7) <2(2" —1) — (2" — [Ny) = 2" +|Ny| 2

®opmyna Fy nosydaeTcs: B pe3y/ibTaTe MOJIeJINPOBAHIA TOCTPO-
eHHOIl T-cXeMbl X B Kj1acce POpMyJI C HOJHSATHIME OTPUIIAHH-
savu (eM. §2 I, 2), ¥ TO9TOMY

R(Fp)=L(Xp), L(F)=R(TFp)+L (Z)—1,

rae L™ (Xy) — 4nmciao pasMBIKAIONIUX KOHTAKTOB B CXeMe .
CreoBare/ibHO,

L(Ty) S L(Zp) +2" =2 < 2" + [Ny | — 4,

TaK KaK 9HCJI0 Pa3MbIKaomMuX KoHTakToB B K /I mopsiaka n pas-
no 2" — 1.

JlemMa JjoKaszaHa. O
Caencrsue.

L™ (n) < 2" — 2, (1.2)

L* (n) <3-2" — 4. (1.3)

K cxemam, moydeHHBIM Ha OCHOBE MPOCTEHIINX METOI0B
CUHTE3a, TOJIE3HO MPUMEHSTh C TEJIbI0 YMEHBITEHUsT UX CJIOXK-
HOCTH 9KBUBAJECHTHBIE TPe0OPA30BAHNS W, B IACTHOCTH, CJIETY-
OIIFE ONEPAIUY TTPUBEJICHNS.

IIycrs Bepmmaa w CDO ¥ He TOCTHKAMA U3 €€ BEPIIHHE U,
a C®D Y nonyuaerca uz CO®D ¥ B pesysbrare yIaJeHus Bep-
IAHBI U, OObsIBJIEHNUST BEPIIMHBI W HAYAJIBHONW BEPIIMHON BCEX
UCXOJUBIIX W3 ¥ JyT W TEPEeHOCa B BEPIIUHY W BCEX BBIXOJ-
neix BII, npunucannbix sepmune v. Torpa COD Y/ cumraerca
pesyiabraTrom npumeHenus k CPD X onepayuu npucoedurenus
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BEPULUHDL UV K GEPWUMHE W. JAMETUM, UTO JIjIst JTFOOBIX JIBYX Bep-
IIUH CXEMBI OJIHY U3 HUX BCErJ[a MOXKHO IPUCOEIUHUTD K JIPY-
roit. /Iee Bepmmabl COD HABBIBAIOTCS IKEUBAAEHMHBIMU, €CTTU
B Hux peaym3ytorcs pasuble OAJI. Ilpumensist k COI X orre-
PAITIIO TPUCOETUNHEHUS OJTHON U3 JIBYX SKBUBAJIEHTHBIX BEPIITUH
K sipyroii, mpl noayuum CPD Y| koropast, 0u4eBHIHO, SKBUBa-
JICHTHA XJ.

[TpuBenernast cxemMa HA3BIBAETCS CMPO20 NPusederHot, ec-
JII B Hell HeT 9KBUBAJIEHTHBIX BepIinuH. U3 1r060it CPD MOXKHO
MTOJIYIUTh 9KBUBAJEHTHYIO eii cTporo npusenennyio COI ¢ mo-
MOIIBIO OII€epallvi IIPpHUCOCAMHEHNA SKBUBAJICHTHBIX BEPIINH U
olepaInuu yIaJeHusl BUCTINX BEPIITUH.

AHaJIOrUIHBIM 00PA30M OIIPEIEJISIETCST OIIEPAITUsT TTPUCOE -
nenust Beprma B KC, ¢ Toit jumib pa3uuiieil, 4To Ha Hee He Ha-
KJIaJAbIBaIOTCsd KaKI/Ie—.HI/I6O OrpaHHUY€HMA, CBA3aHHBIE C JOCTU-
JKAMOCTDBIO BEPIIHH.

Hnst muoxkecrsa PAJI G, G C Py (n), uepes 8 Oyaem 060-
3HAYATH CUCTEMY, COCTOSIIYIO 13 BeeX pa3nuaubix @A JI maoxke-
crBa (G, yIIOPSIIOYEHHBIX B COOTBETCTBUHU C HOMEPAMY UX CTOJIO-
noB 3uadenuii. [Ipu srom cucremy PAJI Pg(n) Gymem Hasbl-
BaTh YHUBEPCAALHOU cucmemoli TTOPsIJIKa Nn.

JloBOJIBHO 4YacTO 3ajiady CHHTE3a IIPUXOJUTCS PENIaTh JIJIsd
crnepytomux OAJI u cucrem OAJI:

1. smuneitnoit ®AJI nopsaka n, 1o ectb OAJL £, wma PAJL £,
2. mynbrumiekcoproit DAJI u,, mopsiaka n;

3. perudparopa 6,1 (M3 BIOHKTUBHOTO JiermudpaTropa 7n)
TIOpsIIKa N;

4. YHHBEpCAJBHOH! CHCTEMBI ?2 (n) nopsiika n.

JlemMa 1.3. /J[as xaotcdozo namypaivhozo n 6 ug cyuecmey-

em CD3 U,, xomopas peasusyem cucmemy PAJ Pa(n) u
caoorcnocmo Komopoti pasna 22 —n.
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Jloxasameavcmeo. B cusy mosiHoTel H6asuca, B ug CYIIECTBY-
er cucrema ¢opmyna % or BIl zy,...,x,, KOTOpas peaym3y-
er cucremy PAJI Py (n). Uckomas CPD U, siBisiercst cTpo-
ro npusegerHoin CPD, KoTopast SKBUBAJIEHTHA Y. U IOJIY YaeTCsI
U3 Hee B Pe3yJibTaTe MPUMEHEHHsT OllePaIluil IIPUCOeINHEHNST K-
BUBAJIEHTHBLIX BEPIIUH, a TaKzKe Olepaliil yaaJeHus BUCSIIUX
BepuH (cM. §4 ryiasbl 2). JleficTBUTENBHO, U3 IOCTPOEHHUSI CJIe-
Jyer, 9To uncio Beex Bepmua CO Uy, BKIOUYAS N €€ BXOJIOB,
pasmo 22" u mosTOMY

L(U,) =2 —n.
JlemMma moKazaHa. ]
Ciaencrsue.

LY (?ﬂn)) <22 —n.

§2 Hwuknue oneHku cioxkuoctu PAJI, peanusza-
s HeKoTopbIix PAJI 1 MUHUMAJIBHOCTh HEKO-
TOPBIX CXEM.

PaCCMOTpI/IM CHaYdaJIa HpOCTeIL/'IIHI/Ie HN2>KHHNE OIEHKMN CJIO2KHOCTHU
DAJI u cBsI3aHHbIE ¢ HUMUI IpuMepbl MUHUMaJIBHBIX CXEM.

Jlemma 2.1. Ecau QAJIL f (x1,...,%,) cywecmeenno 3asucum
om ecex ceoux BII, mo

L°(fy=n—1, LX(f)=n. (2.1)

Ecau npu omom PAJL f ne asasemea moromonnot PAJI (kaorc-
das BIT x;, i € [1, k|, ne asasemesn Hu MOHOMONHOU, HU UHMO-
womonnot BIT @AJI f), mo

LY(f)=n (coomeememeenno L¥ (f) > n+k).  (2.2)
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Jokasamenvcmso. Ilycrs ¥y — MUHHMAJIbHAS 110 CJIOKHOCTH
CDD u3 UC, peammsytomas PAJI f. U3 cymecrsenHoil 3aBu-
cumoct PAJI f or BII x4, ..., z, crenyer, aro R (Xf) > n, n
[O3TOMY, B Cuily cooTHoineHuil (2.6) riuasbl 2,

L°(f) 2 Ly, v (Zy) 2n— 1.

Ecmu xe, xkpome toro, PAJI f me sBasieTcsi MOHOTOHHOM
DAJI, To cxema ¥y nosKHa cojlepKaTh XoTs Obl ogun O - 1,
CJIeI0BaTE/IbHO, B YKA3aHHOM CJIydae

LE(f)=L(Zy) = n.

Taxkum o6pazom, 1epsble u3 HepaBeHCTB (2.1) u (2.2) moka-
3aHbI.

ITycTs Teneps X p — MunuMasbHas 110 caoxkuocru (1,1)-KC,
peasmsytomast DAJI f. Us cymecrsennoit 3apucumoctu GAJI f
or BII z;, i € [1,n], cienyer, aro OO KOHTAKT BHIA Tj, JTHOO
KOHTAaKT BH/Jla T; Bcrpedaerca B KC Xy, u mosromy

LE(f) = L(Zy) = n.

Ecin ke, kpome toro, BII z;, ¢ € [1, k], He siBiisiercst HU MOHO-
ToHHO¥, HE mHMOHOTOHHOI BIT ®AJI f, To KaK KOHTAKT BHJA
T;, TaK U KOHTAKT BUJIA T; BXOAAT B Xy, U, CJIeJI0BATEIbHO, B
JIAHHOM CJIyYae

I*(f)=L(Zy) =n+k.

JlemMma oKazaHa. ]
Ciaencrsue.
LO(t,) > n, L¥(6n) > 2n,
L (py) = 2" +n, LX(un) > 2" 4 2n
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0,n—1
SL 7n ]

Y

Samevarnue. Huxune ornenku ciaoxkuoctu PAJL f =
BBITEKAIOIIHE U3 JeMMBI 2.1, JOKa3bIBAI0OT MUHUMAJBHOCTD -
cxeMbl, Mojesupytomieit 9 TV --- VT, = f, B kinacce KC u
MUHHAATBHOCTD (hopMyitel (21 ...2y,) = f B kimacce CDD, uro
ycramapimsaer pasencrsa LK (f) =n u LO(f) = n.

JIemma 2.2. Jlas cucmemo, F = (f1,..., fm), cocmoswetd u3s
nonapro pazauunolr PAJI omauunwx om xoncmanm (om ne-
PEMEHHDIT), CNPAGEIAUBCO HEPAGEHCTNGO

ILX(F)=m (coomeemcmeenno LS (F) > m). (2.3)

Jloxasamenvcmeo. Bropoe m3 HepaseHcTB (2.3) BbITEKaeT n3
toro, uro Bce PAJI f;, i =1,...,m, peanusdyrorcs Ha mnomap-
HO pasiudHbIX Bbixogax CDP, OTIMIHBIX OT €e BXOJIOB.

[Tycrs Teneps Xp — upusegennas (1, m)-KC, peanusyro-
mas cucremy OAJI F. V3 npuBeneHHOCTH Y f U yCJIOBUN JIEM-
MBI BBITEKAET, 9TO X — CBA3HBIA rpad ¢ He Menee dem (m+1)
BEPIIMHOMN, U [I09TOMY, B cuiiy HepaseHcTBa (1.2) ruiaBbl 2,

L(Er) >V (Sr) 12 m.
Tlenvia, foxazana. O
Crencrene.
1°(4.) =2, 15 (q,) =27,
L° <7n> > o LK (7n) > on.
LS (?2 () =>2* —n, X (?2 () > 2% -2

WV

Sameuarue. B cuy ciencrBus yuusepcasbuas COD U,, mo-
CTpOeHHasl B jieMMe 1.3, sIBJIsIeTCsI MUHUMAJIBHOM 110 CJIOYKHOCTH
CD3 B kitacce Ug.
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PaccMmoTpuM HEKOTOpPBIE CXEMHBIE pPeaJIM3allud U COOTBET-
CTBYIOIIIE MM BEPXHUE OIEHKH CJIOXKHOCTH JIJIst HEKOTOPBIX DA JI
u cucrem GAJIL. Bynem, kak 00bIYHO, HA3BIBATH (CXEMHBIM ) MYJIb-
TUILIEKCOPOM, ACITU(PPATOPOM, TU3bIOHKTUBHBIM eI PATO-
POM M YHHBEPCAJIbLHBIM MHOI'OIIOJIIOCHIKOM JIIOOYIO CXeMY, KOTO-
past peasimsyer coorBeTcTBYyIOIIyI0 cucremy OAJI.

JlemmMma 2.3. J[as 2106020 HamypansvbHo20 N biNOAHAIOMCA HEPa-
B8EHCMGA:

L9(0,) <2+ O(n-2%), LE(T,) <27+ O(n - 25); (2.4)
LX(Ga) <27 -2 (2.5)
L™(pp) <3-2" 2, L% () < 2772 - 3; (2.6)
LC(0,) < 4n —4, LC(0,) < 4n—4+ HJ (2.7)

Jokasameavemso. B xnacce UC mocrponm cxemubrii nermudpa-
TOD MOPSIJIKA 7, YJOBJIETBOPSIONINI IepBOMY HepaBeHCTBY (2.4),
CJIEJIYIOIIAM 00OPa30oM:

1. pazobbem wmabop BII  X(n) wna rpymnusr 2 =
= (z1,...,2q), 2" = (Tg41,-..,2Tn), 02 ¢ = [n/2];

2. BosbMeM genmdparopsl X' u ¥ or BII 2/ u 2’ nopaika
q 1 (n — q) COOTBETCTBEHHO, PEATU3YIOIINE KayKIyI0 CBOIO
9K no jgemme 1.1;

3. oobequuum CDD ¥/ u ¥, mocie 4ero KOHbLIOHKTHPYeEM
KasKJIbli BBIXOJL 2/ ¢ KazKJIbIM BbIXOJIOM %', a BBIXOJbI BCEX
HCIOJIb30BaHHBIX Jist 9Toro 2" @D & (1 ToJIbKO UX) 00b-
SIBM BBIXOJIAME HMCKOMOTO JIEIU(DPATOPA.

AnanornaueiM 06pa30M CTPOUTCS JIN3BIOHKTUBHBIA CXEM-
HbLiT et paTop MOpsiIKa N, y0BIETBOPSIONIN BTOPOMY Hepa-
BeHCTBY (2.4).
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a

1

Puc. 2.1: npumeps! m-cxem

VcKkoMbIM KOHTAKTHBIM JIeMTH(PATOPOM IOPsiJIKA 7. SABJIs-
ercst (1,2™)-koHTaKTHOE JIEPEBO, MOKa3aHHOe Ha puc. 1.1, a uc-
KOMBIM KOHTAKTHBIM MYJIBTHILIIEKCOPOM IIOPSIIKA 11 SIBJISAETCS
T-cxeMa, NpuBefieHHasi Ha puc. 2.1. 3aMeTuM, 9TO CJI0KHOCTh
cxeM, MOKa3aHHbIX Ha puc. 1.1 u 2.1, pasra 2"t —2 1 3.2" —2
COOTBETCTBEHHO, TO €CTh YJIOBJIETBOPsieT HepaseHcTBaM (2.5) u
(2.6), upuueM YMCJIO Pa3MBIKAOINIUX KOHTAKTOB B KaXKJIOi U3
HUX paBHO 2" — 1.

B pesysnbraTe MomenupoBaHus YKa3aHHONW 7T-CXEMbI MOXKHO
IIOCTPOUTH OECIIOBTOPHYIO 10 nHMopMarmonabiM BIT dopmymy

EFn (xlw"?xnay()u"'ayQ”—l) -

_ o1 g2 g
- \/ 1 \/ Lo o \/ xnnyl’(o'lv"'van) o ’

o1€B o2€B on€B

KOTOpasl yJIOBJIETBOPsieT BTOPOMY HepaBeHCTBY (2.6), Tak Kak
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x x
1 2 EEB
3
S
& V E2
e zq
Ak \ /7
D
%
|
21
a) b)
Puc. 2.2: npumep cyneprozurun COI
peaymzyer OAJI p, u umeer cjaoxuocts 4 - 2" — 3.
Hepagencrsa (2.7) mpu n = 1, 09Y€BUIHO, BBIIOJHAIOTCH.

Uckomoit COD, peanusyrorieii jimaeitayio QAJL £,, n > 2,
co croxuOCTBIO (2.7), siBngerca CPD TP
puc. 2.2a,b. Anasornunas COD s PAJI ¢, nonydaercs B pe-
gynbTare 3aMeHsl PO & ma @D V u O V na O & B mepnoit

nojicxeme BUIa Y5 cxembl L& (em. puc. 2.2a).

IIOKa3aHHad Ha

JlemMa mokaszaHa. ]

Ciencrsue.

LB ) ~ LE(T ) ~ 27

Jlemma 2.4. Ecau cucmema QAT F = (f1,..., fm) cocmoum
us nonapro passuunvir PAJ om BII X (n), omavurnor om 0 u
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1, mo

LE(F) =27 "Ny
j=1

Jlokasamenvemeo. Bosbmem npusesennyio (1, m)-KC 3, pea-
suzytoryto cucremy @AJI F'| u 3ameTnmM, 9TO TIpH JTIOOOM ¢, (v €
B™, B cetu Y|, uMeercsi CBsi3HAsT KOMIIOHEHTA, KOTOPasl COMEP-
JKUAT BXOJ X U Te ee BBIXOIBI, Tie peaiusyemble OAJI obpara-
1orest B 1 Ha Habope «. 113 nepasencrsa (1.2) ruiaBbl 2 cieyer,
9TO MIPHU ITOM

1E (o)l Z file) + -+ fi(c).

CyMMupyst TIOJydIeHHOE HEPABEHCTBO O BCeM HabopaMm o, o €
B™, npuzem (cM. J0Ka3aTeIbCTBO JIEMMbI ?7) K HEPABEHCTBY

m

2" 1L(%) = > [Ny,
j=1

)

13 KOTOPOI'0 BLITEKAET HEPABEHCTBO JIEMMHBL.
Jlemma moxkazaHa. ]

Ciaencrsue.
LR(7,) = 2nt — 2.

Sameuanue. B cuny caencrsus (1,4)-KC ¢ Bxomom a, koro-
pasi COCTOUT U3 JIBYX HEIEePEeCeKAIONMXCs [0 BHYTPEHHUM Bep-
mwmHaMm (a — a)-neneii (nukios) ¢ DK npoeoguMocTn T1rorq
U T1Tox1, ABJISAETCA MUHUMAJIbHBIM I3 bIOHKTUBHBIM KOHTAKT-
HBIM JemudpaTopoM MOpsIKa, 2.

JIemma 2.5. Ecau dasn QAJI f, f € Py(n), u das mobozo o,
o€ B, PAJI fs (x1,...,2p-1,0) Z0,1, mo

Lg y(f) = min{Lg \ (fo), LE v (f1)} + 2. (2.8)
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Joxasameavcmeo. Ilycrs ¥ — muHMMa bHAs 10 yucay O &
u V CPD u3 kmacca UC, koropast peammsyer ®AJ] f u Koropast
He CONEPKUT ILENOYeK U3 ABYX IIOC/IeI0BATEILHO COSIMHEHHBIX
O —. U3 ycyoBust jieMMBbI ciieyer, 9To Bbixox O —, mpuco-
€IIMHEHHOr0 K BXoHy Ty, CDD ¥ He MOXKET ObITH €€ BBIXOIOM.

IIycrs et C' coemunsier Bxom, £, CPI X ¢ € BBIXOIOM 21
U IIyCTb KOHCTaHTa 0, 0 € B, paBHa ( Torja U TOJIBKO TOIjIA,
koraa BII x, nomaercs B C' ymbo Ha Bxon @I &, jmbo Ha BXOI,
O3 -, kK BbIXOLY KoTOporo B C' npucoegunuén O V.

Pacemorpum COD f), koropas peanusyer PAJI f,, f, Z0,1,
u noaydera uz COD ¥ B pesysnbrare NOACTAHOBKUA I, = O, a
Takske nocaenyiomero DI ma ocmose Toxkgects 7K (cm. §5
[JI. 2) BILIOTH JIO YCTPAHEHUsI BCEX BXOXKJICHUIT KOHCTAHT. Y6e-
JIMMCsT B TOM, UTO TIpU yKazaHnHoM D11 OyayT yiajeHs! mo Kpaii-
Heit Mmepe npa O tuna & wam V.

HeitcrBurenbho, B ciydae o = 0 uz COD ¥ Oyuer yiaaaeH
D@ &', apnaommuiica neppbiM P Tuna & wm V nermn C. 3a-
MeTuM, 9T0 Bbixoa P &' He MOKeT GLITH BBIXOJOM CXEMbI U HE
MOXKeT OBITH BXOA0M P —, BBIXO KOTOPOIO SIBJISIETCS BBIXOIOM
cxembl, Tak Kak 1ipu 3TroM OAJI f, ObLia ObI paBHA KOHCTAHTE.
Cuenosarenbio, na nenu C CDD ¥ umeerca O &” tuna &
uam V, Ha BXOJ KOTOPOIO IIOCTyTAaeT Jnbo BuIXoH &', b0 BbI-
xon, @D —, npucoeauHeHHOro K BeIXoLy &'. Jlerko Bujers, 4To
D@D &” Toxke GyneT yaanaeH Ipu Mepexose oT X K ) U, CIe0Ba-
TeJIbHO, CIIPaBeJJINBbl HEPABEHCTBA

Lgv(f) = Lev(B) 2 L&,v(i) +22 Lev(fo) +2,

U3 KOTOPBIX BbITeKaeT (2.8).

Cayuait 0 = 1, xorma BII x, momaérca B C' 1mubo Ha BXOI
O3 V, aubo Ha Bxox P -, K BBIXOLY KOTOPOIO IMPHUCOETHHEH
@ Tumna &, paccMaTpUBAETC AHAIOTUIHO.

JlemMa JoKaszaHa. O
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Caencrsue 1.
LC () = 2" 4 n — 1. (2.9)

HeiicrBurenbro, (2.9) mosydaercst B pe3ysbrare HPUMEHe-
HUS JIEMMBbI 2.5 TIOCJI€/IOBATE/ILHO KO BCEM HH(MOPMAIMOHHBIM
BIT yon_1,...,y1 ¥ yIuTbIBasi, 9TO MOJIYUUBIIASICH B PE3yJIbTa-
Te COOTBETCTBYIOIIUX MOJACTaHOBOK KoHCTaHT PAJI cyrecTBen-
no 3asucut or BIl x1,..., 2., Yo.

Caencrue 2. Uz (2.9) 6 cuay semmoi 4.1 2nasv 2 evimexea-
em HePaseEHCMBEO

Samevanue. B cuny ciaencrsust 1 hopmyna T1yoV iy sBISIETCS
vuanmaisaoi COD, pacamusytomeit DAJT py u LC(py) = 4.

§3 Meroa KacKaJioB /JIjisi KOHTAKTHBIX CXEM U
cxeM n3 (pYHKINOHAJbHBIX 3JIEMEHTOB.
Metoa Illennona

[Ipusenennnie B §1 mpocreitiiime METO/BI CUHTE3a, MO3BOJISIIOT
CTPOUTH (DOPMYJIbI U T-CXEMBbI, CHENMUMPUKA KOTOPHIX HE JIOIyC-
KAeT MHOTOKPATHOT'O UCIIOJIB30BAHUS ITPOMEYKYTOUHBIX PE3YJIb-
TaToB». Meros KackaioB [21] siBjisleTCst I0CTATOYHO IPOCTHIM U
B TO K€ BpeMs JOBOJIbHO 3(D(DEKTUBHBIM METOJOM CHHTE3a KaK
KC, tak u CDI, KoTopslii m03BOIsIET 9TO Jeaarh. OH CBs3aH
¢ IOCJIEIOBATEILHBIM pasjoxkenneM 3aganubix ®AJI mo BII u
PEKYPCUBHBIM IIOCTPOEHUEM CXeMbl, peaym3ytoreit aru OAJI.
MeTo/1 Kacka 10B ITO3BOJISIET IO IPOU3BOJILHOIM 33/ IAHHOI CH-
creme dbyHKIuit anredbpst goruku F' = (fi, ..., fm), F € Py (n),
crpouts (1,m)-KC Xp, Lp € UK, u COD Up, Ur € U, koTo-
pbie peanusytor F. Bynem cunrars, ato Bce AJL fi, fo,. .., fm
cucteMbl F' pa3jUvHbl, OTJIMYHBI OT KOHCTAHT, U JIJIA KayKIOi
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BIT z;, 1 < ¢ < n, cpeau aux ectb PAJL, cyrecTBeHHO 3aBUCS-
mas oT ;.

Paznoxum @A fi, fo, ..., fm cuagasa mo BIT 1, moTrom mo
BII zo u Tak mamee. IIpu 3TOM mTOCTpPOUM IIOC/IEOBATEIEHOCTI
muoxKecTB G; 1 é’i, cocrostiux u3 PAJI or BII x;, 41, - .., T,
riae ¢ = 1,2,...,n, Takue, 4TO

1. G; cocrour u3 Beex pazmmunbix OAJL g (x;, ..., x,) BUIA

g = fj (01,...,01_1,@,351-4_1,...,xn),

e 1l <7< m, (01,.. .,Uz‘_l) S Biil;

2. (G; cocTouT U3 BCEX pas3UYHBIX QYHKIWA g, g € G;, KO-
TOpbIE CYIIECTBEHHO 3aBUCIT OT ;.

JIerko BUIETH, YTO

Glz{flw")fm}) éng{xrwf’ﬂ}u

a maOKecTBa PAJI @1, cee @n He IIyCThl U IIOIIAPHO HE Ilepece-
KAaIOTCs.

Bamernm, uro Jobdyo PAJI g, g € éi, rme 1 < 7 < n,
MOYKHO IIPEJCTABUTH B BUJE

9= p (@i, go, 1) = Tigo V Tig1, (3.1)
e go = g(0,Tip1,...,Tp), U, CICIOBATETBHO, gy € Giy1 U
{0,1} must Beex o, o € B. Ecim npu 310M JIJIsi HEKOTOPOT'O
o, 0 € B, ®AJI gz pasna 0, To Bmecro (3.1) Gyjem ucosb3o-
BaTb Pa3JIOKEHUE

g = x(ijgcfa (3'2)

e g € Gip1 U {1}.

ocrponm KC Y5, koropast peaymsyer cucremy PAJT 8 r,
rne Gp = 61 U...u @n C TIOMOIIBIO OIEPAITUA ITPUCOCANHECHUA
OJIHOT'O UJTH JIBYX ITPOTUBOIOJIOXKHBIX KOHTAKTOB. [Ipu aToM J1j1s
Kaxaoro i, =n, (n—1),...,1, kaxmnas PAJl g, g € @i, peasn-
syercs coriacto (3.1) ((3.2)) ma BeIXOZE v, KOTOPBI Ipn o =
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Puc. 3.1: npucoeJuHeHne OJJHOT'O UJIM ABYX IIPOTUBOIIOJIO2KHBIX
KOHTaKTOB

0,1 (cOOTBETCTBEHHO (v = U) COEJMHEH KOHTAKTOM BHJa Zf C
TeM BBIXOJIOM Vg, Tjie peanusyercst DAJL g, = g (o, Tit1, ..., Tp)
TaK, Kak 9T0 [0Ka3aHo Ha puc. 3.1a (coorBercrBenno puc. 3.1b).

3aMeTnM, 9TO yKa3zaHHOEe MPUCOETUHEHNEe OJTHOTO WU JIBYX
NIPOTUBOIIOJIOKEHHBIX KOHTAKTOB He n3Mmensier PAJI, peanmsy-
eMble B BepIIMHAX Uq, @ € {0,1}.

st monydenust uckomoii KC X p 10cTaTO04HO «CHATHY» I10-
METKH ¢ TexX BbIxoqubIx Beprua KC Y g, B KOTOPBIX peasmsy-
orcst PAJL, omansie ot f1, ..., fm.

ABasornaHbIM 00pa30M MO METOYy KACKAJIOB CTPOUTCS U
CDD Uy, peanusyiomas cucremy PAJT G, ¢ Toil jumb pas-
HUIIEH, 4TO:

1. cmagana peamusyiorcs Bce PAJI suma T;, 1 < i < n,

kotopbie Becrpeuarorest B KC Yp;

2. s Beex 4, i@ = (n—1),...,1, paznoxkenne (3.1), rae
g € G; u go, g1 € Giy1, peanusyercs Tak, KaK IIOKAa3aHO

Ha puc. 3.2a, a paszsioxkenue (3.2), IpuMeHsIeMOe B CJlydae
g7 = 0 (paznoxenue

g=27V g,2l =27V g, (3.3)

B cilydae gz = 1), — Tak, Kak NOKa3aHO Ha puc. 3.2b
(coorBercTBeHHO 3.2¢);
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Puc. 3.2: Kk MmozesmmpoBaHmIo onepanyii IpucoeInHeHNsT KOHTaK-
ToB B KJlacce CDD
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3. kaxgaa PAJl Buna g,x, nucnosnbsyemas B IpeblLyIeM
[IyHKTe [P peasiu3anun passioxenuii sua (3.1) wiu (3.2)

qutst pasnnanabix PAJI g, pealnzyeTcst TONBKO OJIUH pas.

Kak u B cinygae KC, CO3 Uy, peanusyiorias cucremy OAJI F
¥ TIOCTPOEHHASI 10 METO/LY KacKajioB, moiydaercs uz COD Up
B PE3yJIbTaTe «CHATHSI» TEX BBIXOJOB, B KOTOPBIX PEAU3YIOTCS
OAJI, orsmmansie or OAJI uz F.

[Tyctsb, nanpumep, F = (f1, f2), e

fi =T1mo (x5 ® w4) V 21 (T2 V 23T4) ,
f2 =1 (153 ) 334) V T124.

Torna:

Gi1=G1={h f};

Go = {2 (23 B a4) , 22V a3Ta}, G2 = GaU{xs® z4,24};
63 = {23 ® 24,2374}, Gs = CA¥3 U{z4};

Gy = {4, T4} .

Ha puc. 3.3 mokasana nmoctpoerHast Jjist gauHoi cucreMbl OAJI
KC Y, BepIIHHBI KOTOPOil IOMEYEHBI CONOCTABICHHBIMI HM
®AJI, na puc. 3.4 — coorBercrBytomas eit KC X, a #Ha puc. 3.5 —
CDO3 Up.

Hpyrum nmpumepom KC, mocTpoeHHO# IO METOIYy KAaCKaI0B
qtst muneitaon PAJIL £, Te n > 2, ABAsSETCS N3BECTHAS CXEMAa
Kapgo [32|, nokasannasi wa puc. 3.6. 3amerum, uro sra KC
UMeeT CJIOKHOCTD (4n — 4) u sBisieTcst MUHUMAJIBHOM. B 10 )Ke
Bpemsi CDD, nocrpoennast jjist £,, n > 2, 10 METOLY KAaCKaI0B
uMeeT CJIOKHOCTEL (7Tn — 9) U He ABJIsIeTCs MUHUMAJBHOI, Tak
KaK MMeeT GOJIBINYIO CJI0ZKHOCTD 110 CPABHEHHUIO CO CXeMOM 2
cioxkuaoctu (4n — 4), mokazannoil Ha puc. 2.2. AHajOrMYHBIE
onenku crpaseamusbl 11 OAJT £, (cm. memmy 2.3).

[Tpu nocrpoennn 1o mMetony kackanos (1,2")-KC, peanusy-

fomieit cucreMy (GyHKIU ajare6psbl JIOTUKU (), MBI IOy IUM
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Puc. 3.3: npumep KC ¢ momedeHHBIME BepIIUHAMH,
[IOCTPOEHHON METOI0M KACKAJIOB

Puc. 3.4: npumep KC, mocTpoeHHOit METOIOM KacKa 0B
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f2 i

Puc. 3.5: COI jus cucrembr PAJI F, mocrpoeHHast METOIOM
KACKaJI0B

Puc. 3.6: cxema Kapmo s smaeitHoir dyukimn £,
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KOHTAKTHOE JIEPEeBO IMOPAIKa n, nmokazannoe na puc. 1.1. Kak
Oymer mokasano jgaJjee 31o K/l He saBiseTcss MUHUMAIbHBIM KOH-
TaKTHBIM JIEMTH(PPATOPOM.

AHaJIoruIHBIM 00PA30M C IIOMOIIBIO METO/Ia KACKaI0B MOK-
HO IIOCTPOUTHh KOHTAKTHBIN IN3BLIOHKTUBHBIN JemundpaTop mo-
PsJIKa N ¥ CJIOKHOCTH He Gosibie, deM 2712 — 6, KOHTAKTHBIH
YHUBEPCAJIbHBIM MHOT'OIOJIIOCHUK IOPSAIKA 70 U CJIOXKHOCTU HE
OouibItie, Yem 2 - 22n, a TaK>Ke KOHTAKTHBIA MYJILTUIIIEKCOD I10-
psaaKa n u caoxkuocTu 3 - 2" — 2, mokasaHHBI Ha puc. 2.1 (cM.
jgeMMmy 2.3). 3aMeTuM, 9TO YKa3aHHbBIH MYJIbTHILIEKCOD TOJLy da-
ercs nipu pazioxkennn PAJI u, cHagasa Mo agpeCcHbIM, 8 3aTeM
o undopmarmonabiM BII. B To ke BpeMmst, KOHTAKTHBII MYJIb-
TUILIEKCOP MOPSIKA 1, TOCTPOSHHBIN IO METOy KACKAJIOB IIPHU
pasnoxkennn QAJI p, cHadama Mo HHGPOPMAIMOHHBIM, & 3aTeM
o agpecubiM BII, comepxxur K/ nmopsiaka 2" ot madpoOpMaIim-
onHbIX BIT 1 H0STOMY MMeeT CJIOKHOCTD He MeHbIe, genm 22 11,
DTO MOKA3BIBAET, UTO BBIOOP «IIPABUJILHOTO» ITOPSIIKA [TEPEMEH-
HbIX Tpu pasaoxkennn OAJI MoxKeT CyNecTBEHHO YMEHBITUTD
caoxkuaocTh KC, MOCTPOEHHO 110 MeTOo/Iy KacKaJoB.

Y4UuTbiBas Bce CKa3aHHOE BBIIIE, JIOTTOJTHUM JieMMbI 1.3 1 2.3
CJIEJIYIONIUM YTBEPKICHUEM.

Jlemma 3.1. /Jlasa a0b6020 namypaavhozo n u o € B 6uinoama-
10MCA HEPAGEHCTNEA.:

LX(19) <dn— 4+ UJ : LK(J_DZ(n)) <2-22",

LX(7,) <272 6.

PaccmorpumM, B 3aksodenune, meron lllennona s cunte-
3a KC u CPD (cm. [33, 14]), KOTODBIi 1103BOJISIET yCTAHOBUTH
nops0k pocra dyuximit Hlemnona LK (n) u LC (n).

Meton [TlenHnoHa 3aK/IFOUaETCsT B BRIOOPE HEKOTOPOTO Tapa-
meTpa ¢, 1 < ¢ < M, ¥ MOCTPOEHUH CXEMBI Y ¢, peausyromeit
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upoussosibhyto PAJT f(z1,...,x,) HA OCHOBE €€ pPa3JIOXKEHHs
[0 9aCTU [epeMeHHbIX (CM. paBeHCTBO (2.5) u3 rir. 1):

f (@ 2") = \/ Tt a for (27), (34)

0"=(0g41,-,0n)

mie & = (01, . 3g), B = (Bg1 oo Tn) W for (&) =
= f(2/,0") npu Bcex 0”, ¢"” € B"79. Ilpu sTom cxema 3 ¢ mpe-
crasysier coboit cyneprnosunuio suya X (X)), rae X7 — myinn-
turekcop nopsaaka (n — q) or agpecusix BIT 2 undopmany-
OHHBIE BXOJIbI KOTOPOT'O IPH BLIOJHEHUH yKA3aHHON CyTIepIo-
SUIUU TIPUCOCAUHAIOTCA K BbIXO/JJaM YHHUBEPCAJIBHOI'O MHOI'OIIO-
mochuka Y/ nopsizika ¢ ot BIT 2’ B coorBercrsuum ¢ (3.4).
Ilomaras

q = |log(n—2logn)|,

nocrpouM jyist DAJL f (x1,...,2,) YKa3aHHBIM BBIIIE CIIOCOOOM
KC (C®S B 6asuce Bg) X, rme X7 — (2779, 1)-K/I nopsiixa
(n — q) (coorBercrBenno dopmyna F,_, u3 aemmsl 2.3), a X/ —
YHUBEPCAJIbHBIH MHOIOIIOJIIOCHUK 13 JieMMbI 3.1 (coorBeTcTBeH-
HO JieMMbI 1.3). KoppeKTHOCTD TOCTPOEHHOI CyePIO3UIHH, T.€.
peaymmsanus cxemoit Xy OAJL f B caygae COI ouenuna, a B
caygae KC obecnieqnBaeTcss TeM, 9TO €€ MOXKHO IPEJCTABUTD
B BHUJE pe3yJbTaTa MHOTOKPATHON OIEepaluy IPUCOETUHEHUS
JIBYX TTPOTUBOITOJIOXKEHHBIX KOHTAKTOB, KOPPEKTHOCTH KOTOPOH
6bLa orMedeHa Boiie (cM. puc. 3.1). s ciokHOCTH 1101y 1€H-
HOIt cXeMbl Y ¢ OyJlyT CIpaBe/l/IuBbI OIlCHKH

L(zf)<2-22q+2-2”—‘1<L+2+0 z ,
n —2logn n?

ecmn Xy € UK, u

L(Ef)<22q+4.2nfq<&+0 g
n—2logn n2)’
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ect Xy € UC. Taxkum 06pa3oM, JJOKA3AHO CJIELYIOIIEe YTBEp-
2KJeHue.

Teopema 3.1. Jlas dynwyut Hlennona LX (n) u LC (n) ewi-

NOAHEHDL, COOTMHOWEHUA.
on on
L¥ (n) <4=—, L€ (n) < 8—.
n n

§4 HwuxxkHaue moiHOCTHBIE otieHkn pyHKIunu IleH-
HOHAa

YcTaHOBUM TeNeph PsiJi HUKHUX OIEHOK JIJIsT BBEJCHHBIX B §1
dbyukiuii [lennona. Bece 3Tu oneHKM TOJIyYEHBI C ITOMOIIBIO
MOIIHOCTHOTO MeTosa, npeiozkenaoro [lennonom [33, 14|, ko-
TopbIit ocHOBaH Ha TOM, uro uncio OAJI or BII x4, ..., x, He
MOXKeT OBITh MEHbIIE YHCJIa TeX IONapHO He SKBUBAJEHTHBIX
CXEeM, CJIOXKHOCTH KOTOPBIX HE ITPEBOCXOJUT 3HAUEHUST COOTBET-
cryiomeit pynkiuu [llennona ot aprymenTa n.
ITycts U — ofiuH U3 pacCMOTPEHHBIX B TUIaBe 2 KJIACCOB CXEM,
U — BBesIeHHBI TaM QYHKIMOHAT cIokHOCTH, a V¥ (1) — dyHK-
nusi Hlennona st kinacca U ornocurebao W. Obo3naunm de-
pe3 U (¥, n) MHOXKeCTBO TexX cxeM X, 3 € U, KoTopble peaansy-
o1 oy PAJI uz P (n) u s koropuix ¥ (X) < U. Creayro-
ee «MOIIHOCTHOE» PABEHCTBO BBITEKAET HEIOCPEICTBEHHO U3
onupeJieJIeHnit:
I (n), )| = 22" (1.1)
3aMeTnM TakyKe, ITO eCJIHU JJIsT HEeKOTOPOTO HATYPAJIBHOTO N U
JIEHCTBUTEIBHBIX CI\J, 6, tme 0 < § < 1, BBINIOJIHSIETCST HEPABEH-
CTBO
Hu(@n)H <522, toU(f) = U (4.2)

st e menee gem (1 — 6) - 22" OAJT f uz Py(n).

Bepxune onenkn sesmunust ||[U(W,n)||, ycranosrenmse B
riaBe 2 Jyist Pa3/IMIHbIX KJIACCOB CXeM U (DYHKIMOHAIOB CJIOXK-
HOCTH, a Takxke coorHornenus (4.1)—(4.2) ciyzkaT oCHOBOIT 15t
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[TOJIYy YeHUsT HIXKHUX MOIITHOCTHBIX OIIEHOK COOTBETCTBYONMIUX (DYHK-
muit [ennona u cioxuoctu nouru secex ®AJI. HanmomuumMm, aro
(cm. memmbr 4.3, 4.4, 6.2, 6.3 u3 ryiaBbl 2) JJ1s JTIOOBIX HATYPaJib-
HBIX N ¥ L clipaBejIMBBl HEPABEHCTBA:

U (L, n)|| < (8(L +n))"t, (4.3)
|U® (L, n)|| < (8n)"*, (4.4)
U (L, n)|| < (8nL)*, (4.5)
U™ (L, n)[| < (120)", (4.6)
UL, n)|| < (8n)" (4.7)

JlemMma 4.1. Jlas nososcumesvHulx 0eticmeumesbrvll YUucen
a, Y, q U3 HEPABEHCME

alogg>1, (ay)’ >q, (4.8)

caedyem HepaseHRCMmeo

1 log1 1
y > losd | 4 loglog(alogq) 7 (4.9)
log (alog q) log (aelog q)
2de e — 0CHOBANUE HAMYPAALHOLT N02APUPMOS, 0 U3 HEPAGEHCTNE

a>1,a¥% > q — nepasercmeo

log g
Yy > osa’ (4.10)

Jlokasamenvcmso. Pacemorpum cHadasia ciydait, korjga a = 1
u log g > 1. B sTom ciryaae vepasenctso (4.9) ciemyer u3 Toro,
970 JieBas 9acTh (4.8) MOHOTOHHO BO3paCTaeT 1o Y, U JJjis

log g
/ — 1 o d

e
_ logloglogq

~ log (elogq)’
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CIIpaBe/IJINBbl COOTHOIICHU A

y'logy =
1
—(14e) 29

log log ¢

loglog1 1
<logq(1+€)<1— o;golgogq €Oge>
oglogg  loglogq

=logg(l+e)(1—¢)=1logq (1 —52) < logg.

(loglog g —logloglog g+ logeln (1 +¢)) <

Bamerny, 1T0 B ciaydae a > 0 HepaBeHCTBO (4.8) 9KBUBAJIEHTHO
HEPaBEHCTBY

(ay)™ = q°,

1 1103TOMY HepaBeHCTBO (4.9) nosryuaercst u3 HepaseHcTBa Y >

B pe3yJibTaTe 3aMeHbl y Ha ay U log g Ha a log ¢, eciii BBIIIOJIHEHO
yciosue alogq > 1.

Hepagencreo (4.10) B ciaygae a > 1 nosydaercss B pesyiib-
Tare JorapudMUpOBaHUs HEpABEHCTBA a¥ > ¢ U JeJleHnsi 06enx
yacTell IIOJIy94eHHOr0 HepaBeHCTBa Ha log a.

Jlemma moxkazaHa. ]

Teopema 4.1. /[aa nexomopwux nocaedosamenvrocmeti e; =e;(n),
edei =1,....5 un = 1,2,..., makuz, wmo &;(n) = 0 npu
n = ng ue;(n) empemumesn x 0 npu n cmpemawemca x becko-
newnocmu, daa nowmu ecex PAJ f, f € Pa(n), evinosnaomes
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HeEpaseHCIMEa

LE(f) = (1 +e1(n) —, (4.11)
L (f) > (1 — &2 (n)) IOann (4.12)
K> (- es ) 2, (4.13)
L7 (f) > (1—e4 (n) 102;, (4.14)
D (f) = n—loglogn — e5(n). (4.15)

Jloxasamenvcmso. Hepasencrsa (4.11)—(4.14) BoiBogsiTest u3 co-
OTBETCTBYIOIIETIO paccMaTpuBaeMoMy kjaccy cxeM U ¢ pyHnkIu-
onasioM cytoknocru L nepasencrsa (4.3)—(4.6) Ha ocHoBe MoIII-
HOCTHOrO HepaBeHcTBa (4.2), e 0 = 1/n ¢ ucnosb3oBaHnEM
gemmbt 4.1, riae ¢ = 22" /n, u

1) a=38, y=L%n)+n, ecmm U=UC";
2) a=8n, y=L%n)+1, ecm U=U®
3) a=8n, y=LXn), ecm U = UK;
4) a=12n, y= L"(n), ecrm U =U".

HeiicTBuTebHO, mOACTaBIAS yKa3aHHble 3Hadenns B (4.9) mo-
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ayanm, aro gosst rex PAJL f, f € Pa(n), ajist KOTOPBIX

c 2" log(n +3) — o(1)
1)L(f)>n+3(1Jr n+5 >_n>

n J— p—
>2<1+10gn 3 0(1)>;
n n
2" —1 2" 1
N Le(f) =B > L 3+ L (4.17)
logn + 3 logn logn

3) LK(f) > 2 . log(n 4+ 3 +logn) —o(1) >
n+3+logn n+5-+logn

ST

n n

(4.16)

(4.18)

He MeHblne, YeM (1 —1/n). CrenoBarensHo, HepaBeHCTBO (4.11)
((4.12), (4.13)) ©Oymer cupaBeIUBO JJIsI JJOCTATOTHO OOJIBIIIX
n upu €1 (n) = w (cooTBeTCTBEHHO £9 (N) = @, ez (n) =
")

AHasornaHbIM 06PA30M YCTAHABIMBACTCS CIIPABEIMBOCTD
(4.14) n (4.15) mpu g4(n) = =& = e5(n).

— logn
Teopema jokazana. ]
Caencrsue 1.
L)z =, L*(n)Z , L (n)z =,
n logn n
2n
L (n) 2
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§5 /Iu3bIOHKTUBHO-YHUBEPCAJIIbHbIE MHOXKECTBA
dbyHKIUii. ACUMOTOTUYECKN HAWJTY YIIUA
metroxn O. B. JlynanoBa Jijisi cuHTE3a
cxeM n3 (PYHKIIMOHAJIBHBIX 3JIEMEHTOB
B Gasuce {&,V,—}

PaccmorpuM MeTos ciHTesa cxeM u3 kiaacca UC, KoTopslil GbLT
upeiioxked O.B. Jlynanoseim [14] u no3Bosins Brepsble ycra-
HOBUTH acuMIToTHKy (yuxiun Ilennona LC (n). Dot MeTox,
kak u Meror llemnona (cm. §3), ocHoBaH Ha IIpeJCTABIEHHN
peanuzyemoit PAJT f, f € Py(n), B Buze (3.4) u nocrpoeHnn
uckomoit CPI X, peammsytomeit PAJI f, xak cymeprosuiym
cxem Buza Xy = X7 (X'). IIpu srom cxema X" mo-mpezkuemy siB-
JISIETCsT MYJIBTUILUIEKCOPOM TOpsifika (n — q) oT agpecHbix BII

2’ = (xg41,...,%n), a cxema X' peammsyer sce PAJI Buna

for (@), rpea’ = (z1,...,24), 0" € B % u for (2') = f(a/,0").
Onnaxo, B ominane ot meroza [ennona, kaxnas ®AJI f,n (z)
OepeTcst He ¢ BBIXO/Ia YHUBEPCAJIBHOTO MHOTOIOMIOCHUKA OT BII
7', a peanmsyercs Ha BBIXOAE Y KaK IU3BIOHKIMA HEKOTOPLIX
DAJL, BoIOpanHbIX U3 crenuaibHoro Muaoxkecrsa G, G C Py (q),
PeaTM30BaHHOTO Ha BBIXOJAX COOTBETCTBYOMIEH ITOICXEMbI CXEMbI
Y.

Muoxkecrso PAJI G, G C P, (m), nasbiBaercst Ju3soHk-
MUBHO-YHUBEPCANLHBLM MHodHcecneom (Y M) nopsadka m u pan-
ea p, ecau jiobast DAJL g, g € Py (m), Moxker ObITh peICTaB-
JIeHa B BUJE

g:gl\/...\/gp,

rie g; € G upu Beex ¢, ¢ = 1,...,p. CrangapTHbIil crocob mo-
CTPOEHMST TAKUX MHOXKECTB CBSI3aH C PA30MEHUSIME eUHUIHOTO
Ky0a.

IIycre I1 = (7q, ..., mp) — pasbuenne kyba B, 1 mycThb st
Beex i, i = 1,...,p, ®AJL ¢; (x1,...,Tm) — XapakrepucTHUe-
ckast DAJI muOxkecTBa T, a G — MHOXKeCTBO Beex Tex OAJI
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g, g € P, (m), koropsie obpamiatorcs B 0 BHe ;. 3aMeTuM, 410
muoxkecto PAJI G Buja

G=GWuy...ug®»

sapasgercs JIYM mopsiaika m u panra p. elicTBurenbHo, Jrobast
DAJIL g, g € P>(m), MoxeT OBITH IIpEJICTABICHA B BUJIE

g=g1V...Vgp, (5.1)
e g; = g u, caenoBarensho, g; € G i Beex i,i = 1,...,p.
BaMeTHM TakzKe, 4TO MOIHOCTb MuoxkecTsa G, i =1,...,p,
paBHa 2%, The s; = |m|, u uro muOokecTBo G N GU) cocro-

ur n3 QAJI, roxaecrsenno pasuoit 0, ecim 1 < i < j < p.
CreoBare/ibHO,

p
A= G| = Z‘G(i)
=1

p
—(p—1) <) 2% < p2’,
i=1

rue

§ = max S;.
1<i<p

Ykazanuoe JIYM G Oyiaem HasweBarh HAYM, ceasanHvim ¢
pasbueruem I1. Kommnonenrs pasduenus II 6ynem npu sTom Ha-
spiBaTh noaocamu JANM G, a OAJL Y1 = Xg,, .-+, YPp = Xs, —
ero zapaxmepucmuyeckumy PAJI. 3amerum, 4T0 Xapakrepu-
crudyeckue OAJI monapHo OPTOroHAJILHBL, TO €CTh OJIHOBPEMEH-
HO B 1 He obpamaioTcs, n npuHaiexar G. 3aMeTuM TakxXKe,
gro npejcrasienue (5.1) B ciaydae paccmarpusaemoro JIVM G
PaBHOCHJIBHO IIPEICTABJIEHHIO:

g=11g1Vhaga V-V ihpgp (5.2)

Bynem cunrars cmandapmuvim IIYM nopadka m u ewvico-
mol S, Te

s <2™, (5.3)
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T1 T2 Typ—1 Ty [S182- - 82582541 - -Bos+1l_q.--[8(p—1)(25—-1)+2 - -\
0 0 0 o|0 1- 1 0 0 0 0
0 0 0 1 0 0- 1 0 0 0 0
) ) s=s1
T .
00 1 0 0 0 0
00 0 1 1 0 0
00 0 0 1 0 0
. s=s9
T .
00 0 0 1 0 0
00 0 0 0 0 0
00 0 0 0 0 0
. =1
Tp—1 :
00 0 0 0 0 0
00 0 0 0 1 1
00 0 0 0 0 1
. sp<s
Trp .
00 0 0 0 0 0
<—29 2% —1 2°p —1

Puc. 5.1: x OIIpeIeJICHUIO JU3BbIOHKTUBHO-YHUBEPCAJIBHOI'O
MHOZKeCTBa

IYM panra p, p = [2™/s], cBazannoe c¢ pasbuennem II =
(71,...,mp) Kyba B™ Ha mocejoBaTeIbHbIC OTPE3KH, JIst KO-
TOPOTO HOMEP JII0O0T0 HabOpa M3 MHOXKECTBA, 7T; MEHBIIE HOMEPA,
706010 HAOOPA N3 MHOXKECTBA T, €CJIM ¢ < j, 1 BBIIIOJIHEHBI CO-
OTHOIIIEHUSI

S1]=82="""=S85-1=S5,

5.4
sp=2"—(p—1)s <s. (5.4)

Tabnumna suagennit PAJI JIVM G npusenena wa puc. 5.1.
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V3 mpoBeieHHBIX [TOCTPOEHU U OTMEYEHHBIX BBIIIIE CBOWCTB
crapgaptaoro JIYM BoiTekaeT cupaBe/InBOCTD CEIYIONIErO yTBEP-
JKJICHUS.

Jlemma 5.1. Jas A1066x HamypasvHulr p, m u S, 2de p =
2771

[71 , cywecmeyem cmandapmmuoe JIYM G nopsadka m u evico-

mot S, Komopoe asasemca AYM panea p u daa xKomopozo:
1) M= |G| < p2°;

2) cucmema u3 p zapaxmepucmuveckur DPAJ Py, ...,
AVYM G obaadaem mem ceoticmeom, wmo 0is 210007
QAJl g, g € Px(m), u coomsemcmsyrowur DAJI
g1,---,9p u3 G cnpasediuso ne moavko npedcmasaenue
(5.1), no u npedcmasaenue (5.2).

Teopema 5.1. Jlaa moboti QPAJI f, [ € Py(n), cywecmeyem
peasusyrowan ee CPI Xy, Yy € UC, maxasn, wmo

L(%y) < % <1+5log":0(1)>. (5.5)

Aoxasameavemso. Ilycrs o’ = (z1,...,2q), 2" = (2g11, ..., 2n)
u fyr(2) = f(2',06"”) nna secex ¢” uz B" 9. Ilycrs, nanee,
¥ — mynwrumiekcop nopsiika (n — q) or agpecubix BIT 2 u
urdopmarmonnbix BIT y = (yo, ..., Yan—a_1), KOTOPBIHA OCTPO-
€H B COOTBETCTBUU C JIEMMOI1 2.3, TIpeJIcTaB/IsIeT co00i hopMyTy
Fn—q 1 peanusyer Mmyabrunaekcophyo AT j,,_ (", y).

[Tycrb s — HeKOTOPBI napameTp, yaoBieTsopstomuii (5.3),
a G — crangapraoe JAYM nopsiika m = ¢ u BBICOTHI S, YIO-
BJIETBOpsIolee TpeboBaHuAM JeMMbI 5.1. O6o3HauuM Yepes X
CD2, roropas peanuzyer cucremy DOAJI U TIPEeJCTaBJIAET
coboit 00 beTNHEHNE CXEM, TTIOCTPOSHHBIX IS KayKI0i n3 HUX B
COOTBETCTBUHU € JieMMOil 1.2. 3ameTum, ITO, B CUJIy JIEMMbI 2.3,
(1.3) u siemmbl 5.1, BBIIIOJIHEHBI HEPABEHCTBA

L(2")<4-2"79,

5.6
L(Zg) < 3p2°7T4. (5.6)
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Cxema Y/ cogepxur COI Y B KadecTBe MOJCXEMbl U peaJli-
syer kaxayio PAJT f,n (x'), rne o’ € B9, Ha oqHOM U3 CBO-
ux BoixosioB kKak PAJT g (2') sBuga (5.1) ¢ nomompo COD u3
(p — 1) @D V, BXO1bI KOTOPOIl IPUCOEIMHEHBI K COOTBETCTBYIO-
M BerxogaM M. Mckomas COD ¥ umeer sun X = X" ()
u peasuzyer QAJI f B coorBercrBum ¢ pasnoxkenueM (3.4). st
Hee, B cuty (5.6), OyAyT BBIIOIHATHCS HEPABEHCTBA

L(Xy)<2"%(p—-1)+1L (E”) +L(3g) <
< on—q (p _ 1) 14. on—q + 3p28+‘1’

13 KOTOPBIX, BI)I6pa,B 3HaAYCHUSA ITapaMeTpPOB

s=[n—>5logn],
m=q=[2logn],

yaosiersopsoriue (5.3), B coorBeTcTBUM € JIeMMO#H 5.1 110J1y-
qIM

L)< g +0(%) =

n —5logn n?

_ 2 <1+5logn+0(1)>'

n n
Teopema moxkazana. ]

CaencrBue. 13 (5.5) ¢ yuwémom caedcmesus uz meopemoi 4.1
6LIMEKAEM, MO
271
LC (n) ~ —.
n
OrmernM, B 3aKJII0U€HNE, 9TO B cooTBercTBHN C (5.5) 1 Teo-
pemoii 4.1 cioxuocrs LO(f) mna mourn scex ®AJT f, f €
Py(n), acumnrormaeckn pasua dbyukiun Hlennona LE(n), To
ectb cioxkuocT camoii cioxxuoit PAJI uz Pa(n). Tem cambim,
B ommnune or kiacca JJH® (cm. §7 raser 1), B KiIacce cxem
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UC umeer mecto 1. H. 3ddexr [IleHHOHA — ACHMITOTHYECKOE
paBeHCTBO cioxkHocTu nouTu Becex ®AJI u ciaoxknocru camoii
crnoxuoit @AJI or 3ajannoro yucaa BII, crpemsimmerocst Kk Gec-
KOHEYHOCTH.

§6 Perynspubie pa3dbueHus eJIMHUNIHOTO Kyba u Mo-
nesmpoBaHue pyHKImM nepeMeHHbiMu. CuHTE3
cxXeM JJisi HEKOTOPBIX AeimudpaTopoB U MYJib-
TUILJIEKCOPOB.

MmuoskectBo 0, & C BY, HA3BIBAETCS M-PE2YAAPHLIM MHOXKE-
crBoM Habopos Kyba BY, eciim m < ¢, |d] = 2™ u Bce mpe-
bukcer' JIHHBL M HAG0POB U3 § PA3IMYHBL 3aMETHM, YTO M-
peryasipaoMy MHOXKecTBY 9, & C B?, MOXKHO B3aMMHOOTHO3HAT-
1o conoctasuThb cucremy PAJL ) = (Y1, .., Pg—m) u3 Py " (m)
Tak, 9ro Habop o = (f3,7), tae B € B™ u v € BY™, npu-
HAJJIEXKUT § TOTJa U TOJLKO Torja, kKorma v (8) = . Bame-
tuMm Takxke, aro jgobag PAJl g, g € P (q), coBmamaer Ha
M-peryJisipHoM MHOXKecTBe HabopoB §, & C BY ¢ HeKOTOpOil
DAJI uz Py (m), eciu paccmarpusaTh P (m) Kak MHOXKeCTBO
Bcex PAJI uz P (q) ¢ mecymecrsennbivu BII @11, . .., 24. [Ipn
srom Jobast PAJI uz cesazammOl ¢ § cucTeMbl QYHKITHH COBITA-
JaeT Ha 0 ¢ coorBercTByomeil BII kyba BY.

s wabopos B = (f1,...,04) u a = (ou,...,0q) depe3
B & o b6ynem oboznadars Habop Buma (S @ ai,..., B, B o).
st muoxkecrsa 6, 6 C BY, u nabopa «, o € B9, onpenenum
MHOXKECTBO § @ (v KK MHOYKECTBO PA3JUIHBIX HAOOPOB BUIA
B® a, rae B € §, TO €CTh MHOYKECTBO, MOJIyJakOIIeecst U3 MHO-
)KecTBa, § cIABUrOM (HapaJiie/IbHBIM [IEPEeHOCOM) Ha Habop .
3amMerumM, 9TO I M-peryJisipHoro MHoxkectBa 0, 6 C B? wu
Joboro Habopa <, « € B?, MHOXKeCTBO § P (v TaK»Ke SIBJISI€TCS
m-peryispabiM. Ecm nipu stom v () < 297™ 1o ecTh

! st crosa (mabopa) a Buma o = B ciaoso f () cumraercs ero npe-
¢durxcom (cOOTBETCTBEHHO cydpukcom).
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rae v = (Y1,---,Y—m) u V() = v (a), a MHO)KeCcTBO HAOOPOB
d coorsercrsyer cucreme PAJL g = (g1,...,9¢—m), TO MHO-
JKecTBO HABOPOB d @ o Oymer cooTBeTcTBOBATEH cucTteme DAJI
(91 BY1s-- s 9Gg—m D Yg—m), HOJIYIAIOMIEHCS U3 CHCTEMBI § UH-
BepTUpOBaHUEeM HEKOTOPBIX DAJI.

Jlemma 6.1. Jlasa m1006i HGMYPAALHOIZ My A U ¢ = M + A U
daa moboti cucmemvr PAJT g = (g1,...,9\) us P(m) cywe-
cmeyem m-pezyaaproe pasouernue A = (d1,. .., 09q-m) Kyba Bl
maxoe, wmo mobas PAJI g; na aoboti kKomnonenme d; cosnada-
em aubo ¢ 00moti us BII Tpy1,. .., %4, AUbO C €€ ompuyaruem.

Loxazameavcmeo. Ilyctb § = §1 — m-peryssipHOe MHOXKECTBO,

coorBercrpytomee cucreme PAJT g = (g1,...,9)), u wycThb 0; =
0 @ a, tne v(a) =1i— 1, s Beex 4, ¢ = 1,...,297™. U3 no-
CTPOEHMsI CUCTEMbI MHOKECTB A = (071, ..., Jgq—m ) CIEIYET, ITO

KaXKJ[0€ U3 HUX 00J1a/1aeT TpeOdyeMbIM CBOWCTBAMU, CBI3aHHBIMEI
¢ moxxemupoBanneM ®AJI u3 g ¢ momorwio BII.

ITokazkem Tereps, aro A — nokpeitue Kyba B?. /s sToro
BO3bMEM IIPOU3BOJIbHBI Habop u3 B? Buna (5,7v), rae f € B™
u vy € B a mo Hemy HaiijleM B MHOXKeCTBe 0 HaOOp BHJA
(8,%), KOTODBIi UMeeTcss B 0 B CHJILY 1M-PEryJsPHOCTU 3TOIO
MuoxkecTBa. CrieioBaTeIbHO,

(8,7) = (8,7 @ (0,...,.0787) = (8,7) & a,
N——

m

e v(a) < 297", Takum obpasom, cucrema A obpasyer To-
KpbiTHe Kyba B,

C npyro#t CTOPOHBI, U3 M-PETYAIPHOCTA § CJIEIYET M-pe-
IYJIIPHOCTD JII00Or0 M3 MHOXKECTB &5, 1 = 1,...,297 ™, u mosro-

My

29—m

D 6| =2m2em =21,

i=1



42 ImaBa 3. CuHTe3 U CJIOKHOCTD YIIPABJISIOIHX CHCTEM

CuesroBarenbho, cucrema A obpasyer pasbuenune kyba BY.
JlemMa JT0Ka3aHa. ]

ITpumenum texnuky mopeaupoBanust OAJI mepemeHHBIMEU
JIJISE CHHTE3a HEKOTOPBIX JEMINMPATOPOB U MYJIBTUILIEKCOPOB.

JIemma 6.2 (cp. [14]). Jdaan =1,2,3,... snoinsomcsa nepa-

6eHCMBa on
JA (5n) <2+ 0 <n> , (6.1)

L¥ (7n) <240 (n) . (6.2)

n

Zloxasameavcmeo. Bribepem mapamMerpsl m, ¢ U A Tak, 9TO
A=2" g=m+X u qg<n,

a 3aTeM PACCMOTPUM 1M-PEryJIsipPHOE MHOYKECTBO HAOOPOB J1 KY-

6a BY or BII ¢/ = (x1,...,2,), cBs3annoe ¢ cucremoit PAJI
am(ml, ..., &), KOTOpas cocrout u3 Beex DK Buga z{" - - - x,

riae v(oq,...,0m) =J—1, 7 € [1,A].

TTocrpoum jiyist 9T0it cucrembl 1o jiemMe 6.1 pazbuenne A =
(01,...,00¢-m) KyOa BY u 3amerum, qro jmobas YK K(z') =
]t xgq, rae o' = (01,...,04) € §;, cOBIAACT HA MHOXKECTBE
0; ¢ omnoit m3 DK cmcrembl am, TO €CTb COBIIAJET Ha HEM C
OYKBOIf x?:,/, rme m+ 1 < j < q, ayr € B. Bamerum, 910 B
CUJTy YKA3aHHDLIX BBIMIE CBOWCTB pasduenns A miobas 9K K =
o7 2% tae o = (01,...,04) € 6, 1 <4 < 2}, moxker 6bITH
IIpEJICTaBIEHA B BHJIE

K = x;(2') - a:]O;",’ Ko (2", (6.3)
e " = (xg+1,...,2), 0" = (0g+1,---,0n).

[ycrs, pamee, (1,2M)-KC ¥/ = ¥'(a; b1, . .., byr) peamusyer
crpoky u3 OAJT ¥ = (x1,...,Xon), nae xi(2') — xapaxrepu-
cruueckass PAJI muoxkecTBa 0;, i € [1,2’\], 7 TOJIyIaeTcsl B
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pe3yJibTare OTOXKJECTBJIEHUS BXOJIOB Y CXEM X1, ..., Ygx, TJE
m-cxeMa Y, i € [1,2%], mocrpoena o nemme 1.2 aas @AJT x;, u
B cuuty 3aMedaHus K 3toit memme sipisiercsts KKC cioxxnocru He
bouibIrie, weM ¢ - 2™, ¢ BXOJOM a; = @ U BBIXOJOM b; — KOpHEM
coorsercrBytomiero KJI (em. puc. 6.1).

Uckomas (1,2")-KC E%&) peanmusyeT Kaxayio dK u3 5,,1
B coorBercTBuE ¢ (6.3), UMeeT BUJI, TOKa3aHHBIA HA puc. 6.1, u
spasiercss KKC.

ITonaras

m = [logn]| — 2,

[IOJIYYUM, YTO

)\:2m<g, g=m-+A<n.

. &
ITpu srom cioxHOCTH TOCTpoeHHO# (1,2")-KC Z% ), ABJIATO-
nieiicss KOHTAKTHBIM JemudpaTopoM MOPSIIKA 7, YIOBIETBOPSI-
€T HEPABEHCTBAM:

2n
L (zgfﬂ) < A2 pgnmmHl 4 0d < on 4 <n> :

13 KOTOPBIX BbITeKaeT HepaBeHCTBO (6.1).

Uckomas (1,2")-KC E%v), ABJIAIONIAACA IU3BIOHKTUBHBIM
KOHTaKTHBIM JIeIN@PATOPOM IOPAIKA 7, CITOZKHOCTH KOTOPOTO
YZI0BJIETBODSIET OIleHKe (6.2), mosydaercst B pe3ysbrare Iepexo-
na or KKC E%&) K unsepcuHoit KKC.

JlemMa mokKaszaHa. OJ

Caencreue. Ouenku semmol 6.2, ciedcmeus us semmor 2.2 u
caedemeus u3 Aemmos 2.4 0a10m acumMnmomuy4eckue Pa8eHCmMea

X (5n) ~2n IK(T ) ~ 2t
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Tm42.

Tm—“r)\ fl.p.anm._]_

Puc. 6.1: Kk 1oKazaTesbCTBY JIEMMEBL 6.2

JIemMma 6.3. /lnan=1,2,... 66NOANAIOMCA HEPAEEHCTNEG
2™ 2m

L™ (pn) <2‘2n+0() vLC(Un) <2'2n+0<>7
n n

D(pn) < n+6,

npuvem cyuiecmeyem makas peasusyrowans PAJ p, u becno-
emophas no urpopmayuorrvm BIT gopmyaa My ¢ nodnamor-
MU OMPUYAHUAMUY, 2AYOUHA KOMOPOT YJ0BAEMEOPAEM NOCAEO-
HEMY U3 HUL, GAMEPHUPOBAHUE He bosbue 3, 4 CAOHCHOCTNDG HE
npesocrodum 7 - 2™.

Zoxazameavcmeo. Vckomas m-cxeMa X, TOJIYIaeTCsSI B PE3YIIb-

TaTe MPUCOeJINHEHNs K KaxKJI0My 13 BbIxoJ0B (1,2")-KC Z%&),
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ITIOCTPOEHHOH TP JI0KA3aTEIbCTBE JIeMMbI 6.2, KOHTAKTa COOT-
BercrByIomelt emy mHoOpMarmonuoit BII u ortoxmecTsienus
KOHIIEBBIX BEPIIUH BCEX TAKMX KOHTAKTOB B BBIXOJIHYIO Bep-
muHy %,. Uckomas CDOI S, momydaercss u3 GOpMyJIbl ¢ MO/I-
HATBIME OTPHUIAHUIMU Fp, KOTOpAs MOJECTUPYET T-CXEMY X
(cM. §6 1u1. 2), B pesy/brare IPUMEHEHUsI ONEePAIMil IPUBe/Ie-
uus (cm. §1) uist Bepmus, coorBercTByomux O —.

JLnst 3aBepIieHnsI OKa3aTe/IbCTBA JIEMMbI HA OCHOBE Pa3om-
ennst A, BBeJeHHOro B jemMe 6.2, u npescrasienus (6.3) mo-
crpouM st GAJI i, dopmyity Fn cJIeayromuM obpa3om

gjn(xla---axna Yo, - .- 7y2"71) =

o (7 ; (6.4)
= \/ 9«[@ (iU ) & & ng/(l' ) V \/ $] , yl/(O'/,O'”)
. "e Bn—q o
=1 e o'€d;
ryie A; — coseprennas JIHO AT y;,i = 1,..., A, u Jzn(2") =
K, (2"). Jlerko Bugern, uro F,, peanusyer MYJIBTHIIEKCOPHY IO
DAJT iy, Gecioropha 1o BIT yo, . .., yan_1 1 aro Alt (F,,) < 3.
Ilycrs, manee, popmyna M, noaydaercs B pesynbrare Ol-
Tumuzaruu dopmyibl F, mo rybune. Torna mpu

>3 e ()]

CJ0YXKHOCTD 1 TytyOuHa M, OYIyT YIOBIETBOPATD YCAOBUSM JIEM-
Mbl. JeficrBurensHo, eciant n > 6, To ¢ < n — m U, CIeI0Ba-
TEJILHO,

R (ﬁ‘n) =207 (g 2™ 4+ 2" ((n — q) + 2™11)) <
<ol g onmm contl 4 g3 . 9n — 5. 97,

IIpu sToM, oueBHIHO,

L-(Fy) < % (R(ﬁ‘n) - 2") < ont!

LCuyuait n < 5 paccMaTpHBAIOTCS OTIEILHO.
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U, TaKUM 0O6pa3oM,

L(F,) < RTF) +Lo(Fp)—1<7-2" — 1,

oTKysa B cuity Teopembl 2.1 riasel 2 caemnyer, uro D(M,) <
n + 6.
JlemMa JoKa3aHa. O

Caencreue. M3 NoAyueHHbIT OUEHOK 6 CUAY CACOCTBUL U3
aAemmol 2.5 svimexaem, wmo

LE~ 2" D(u,) =n+o(1).

§7 AcuMnToTmYecKM HaAWJIYydHINii MeTo]] CHMHTe3a
dopmys B 6asuce {&,V,—}. IloBegenne dpyHkK-
mun ITlennona ang rayounabsr @A JI.

[Mpumenum Texuuky mopenuposanus PAJI uz JIVM nmepemen-
HBIMU JJId cuHTe3a (OPMYJI B CTaHIapTHOM Oasuce.

Teopema 7.1 (cp. [14]). Jaa moboti QAJI f, f € Py(n), 6 U®
cywecmsyem pearusyrouas ee popmyaa Iy, daa womopot

2n 2loglogn + O (1)
L(Fy) < 1 , 7.1
(%7) logn( * logn (7.1)
D (Fs) <n—loglogn+8+o0(1). (7.2)

Zoxazameavcmeo. 1lycTb mapaMeTpnl m, S U P YIAOBIETBOPAIOT
COOTHOITIEHUSM

om
S<2m7 p:’VS-‘a m+P28<n7

a G — cranmapraoe JIYM mnopsiaka m u BBICOTHI S, JJI KO-
roporo |G| =A< p-2° (cm. §5). Ilycrs, nanee, ¢ = m + A u,
cienoBaTesblo, ¢ < N, a A = (61,...,092) — pasbuenne Kyba

B, nonydgennoe o jemme 6.1 miist cucremsr PAJI G
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IMonoxkum &' = (x1,...,T4) U 3aMETUM, YTO IIPOU3BOJILHASL
®AJI h, h € P»(q), na moboit kommonente 0, i € [1,2%], B cuy

ee M-PeryJispHOCTH COBIIA/ACT C HEKOTOPOi QAT h(x1, ..., Tm)-

ITpu srom PAJI h pasua qusbionkiuu p PAJI uz JIVM G, kax-
Jas U3 KOTOPBLIX B CUIy JeMMBl 6.1 coBuamaer Ha d; ¢ OYKBOM
opmoit u3 BII 41, ..., 24. Crenosarensno, PAJI h coBnamaer
ua 0; ¢ 9/ panra p or ykazanubix BII.

Hust AJT f(z) uz Py(n), tne x = (x1,...,2,), 2" =

(Zg+1,-- -, Tp) PACCMOTPHM €€ IPEJICTABIEHNE B BUIE

29—m

= \/ ZUZi'il cee J,'?Ln \/ﬁ (LL'/) fo’” (.CC,) =
0"=(0g41,-,0n) i=1 "

20-m

- \//c (') \/ w;’_ﬁl...xznt}ou,i ()], (7.3)
i=1 "

U//:(Uq+17"'7UTL)

FﬂfyC () — xapakrepucruveckas PAJI muokecrBa d;, 1 = 1,. ..

a S,HZJU/@Z- panra p o BII zp,41, ..., x4, coBnagaer na ; ¢ PAJI
for (@) = f (@, 0").

[Mocrpoum st PAJI f Ha ocrose (7.3) dbopmyiry F ¢ C HOJ-
HATBIMUA OTPUIAHUSAMU, KOTOPasi UMEET BU/L

2)\
5= \/ ila" )Moy (x”, Tor- e Jii) :
=1

rae My—q (2", 90, - - ., Yan—q_1) — GecrioBropHast o uHbopMany-
onabM BIT dopmyna us memmer 6.3, peamusytomasa OAJIL p,—q,
a A, i €[1,2"], — cosepmennas JHD @Aﬂ/ﬁ .

i

[Tycrn, nanee, popmyna Fy nomydaercs uz bopmynt Iy on-
TuMu3anuei o riyouse (cu. §2 ri. 2), a dopmyna Iy — onru-
vu3anueit D1 mo Iucay OTpUIAHUI, TO €CTh 3aMEHON KarK 10t

24=m
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M Jon; Buna x; V.. Vo VT V.. VT, tne t < p, dopmy-
JIoit jgu,i Buja xj, V...V xj V T, - Tj,, 9TO yBeJININBa-
er riybuny He Oosibiie, yeM Ha 1. 3amerum, uro uncio O —
Bo BCex dopmyrax A;, i € [1,2)], pasHo TmoMOBHEE WX CyM-
MapHOTO paHra, 9TO B KaxK0# (hopMmyse BHUIA ja”,i NMEeETCsT
onur P —, u nanomunM (cM. stemmy 6.3), aro Alt (M,,—,) < 3,
RM;—g) <5-2"9u L. (My—q) < 2-2""9 CiuenosareibHo, B
cuity JieMMbl 2.1 ry1aBbl 2,

Ly (Fp) <297 (q- 2"+ (p—1)2"9+45-2"79) , (7.4)

L. (Fy) <q-2071 +3. 2™, (7.5)

Bribupasi 3nadenus mapamMeTrpoB m U S TaK, 9TO
m = |3loglogn]| — 1, s = |logn —2loglogn| — 1,

U noJcraBiisist 9tu 3uadenns B (7.4), (7.5), moxydnM HepaseH-

LOD < o amiogn +O (s )

= logn — 2loglogn log?n

CTBO

13 KOTOPOIo st cilozkHOCTH hopmyisl J ¢ ciefyer onenka (7.1).
[Tpu srom u3 (7.1), yaurbiBast TO, 4TO

L(Fy) <2L(Fy), DEF)<DEF)+1 u Al (57) <6,

¢ TIOMOIIBI0 TeopeMbl 2.1 u3 §2 ryaBbl 2 HEIOCPEJICTBEHHO BbI-
BOZUTCS HepaBeHCTBO (7.2).
Teopema jokazana. O

CaencrBue. Uz (7.1) u (7.2), ¢ yuemom HUNCHUT OUEHOF,
caedemeus us aemmor 9.1, svimexaem, 4mo

2TL

~ logn’

L%(n) D (n)=n—loglogn+0(1).
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§8 AcuMnToTMYeCcKW HAWIyYHINil MEeTO[ CUHTEe3a
KOHTAKTHBIX CXEM

BameTuM cHavas A, YTO ACUMITOTHIECKN HAUTY Yl METO/] CHH-
Teza CDOD us §5 6e3 CyIecTBEHHbIX M3MEHEHU IEPEHOCUTCS Ha,
KJIacC KOHTAKTHO-BeHTUIBHBIX cxeM (KBC), B KoTOpbIX Hapsity
¢ KOHTaAKTaM¥U MOYKHO MCIOJIb30BaTh «BEHTUJIM», TO €CTh OPUEH-
TUPOBaHHBIE pedpa, MPOBOISIINE TOJHKO B HAIIPABICHUN CBOEHt
opuenTanun. [leitctsurensro, s moboit PAJL f, f € P (n),
peaymzyiomas ee (1,1)-KBC Xy moxker ObITH mOJIyUeHa Ha OC-
HOBe pasiozkenud (3.4) Tak xe, kak 1 CPD X u3 reopemsr 5.1.
QHa SABJIETCS PE3YJIbTATOM KOPPEKTHOIN CYNIEPIO3UINU BUIA
Y =Y"(), rne ¥ — (2"79,1)-KJ or BII 2", a (1,2"79)-
KBC Y/ peamusyer cucremy Bcex ®AJI suna f,n (z'), o €
B" 4. Tlpu srom cxema Y IIO-IpEsKHEMY COJCPXKHT B Kade-
cree nojicxembl (1, A)-KC ¢, peanusyomyio cucremy PAJI
Ha OCHOBe JieMMbl 1.2, u peasmsyer kaxyio ®AJI g (') tuna
for (2') Ha ocHoBe ee npegcrasiaenus (5.1) B BUje U3 BIOHKIANI
g=9g1 V-V gp C IOMOIIBIO IPUCOEJIUHEHHUS BXOJOB BEHTUIb-
HOI 3Be3blI HOPsAIKa P K COOTBETCTBYIOMUM Bbixojgam KC X
(cm. puc. 8.1a), KOTOpOe SABJISETCS KOPPEKTHON CYIIEPIIO3UII-
eit. CutoskHocTb nocrpoentoit KBC X ¢ IPH TEX Ke 3HAUCHHAX
rmapamMeTpoB, 9TO U B Teopeme 5.1, OyaeT yIoBIeTBOPAThH Hepa-
BeHcTBy (5.5).

Hamomunm (cM. §5), 9ro B cmity crenudukn CTaHIapTHO-
ro IYM G Bmecro npegcrasienus (5.1) mus @AJI g moxHO
HCIIOJIB30BaTh sKkBHBaseHTHOE (5.1) npencrasienue (5.2) Buia

g=v1-g1V---Vip-gp (8.1)

u Ha ero ocHoBe peanmzoBaTh PAJI g ¢ MOMOIIBIO KOPPEKT-
HOIl CyNepIO3UIMU T.H. UTEPATUBHO-KOHTAKTHBIX CXEM, IIOKa-
3anHOi1 Ha puc. 8.1b, rne ®AJI )1, ..., 1, ynpaBId0T IPOBOIH-
MOCTBIO COOTBETCTBYIOIIUX KOHTAKTOB. ACHMIITOTHYECKU HAU-
gydaruii metoy cuntesa KC cBs3aH ¢ «MOIEIMPOBAHIEM > TOM
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g1

9p

b)

Puc. 8.1: Koppekrrast peanuzarius gusboakinn OAJI
g1, - - -, gp B Knaccax KBC u UKC

cyneprosunun u npejacrasienus (8.1) Ha KOMIOHEHTaX IO/IXO-
JIAIIEro M-peryJsipHoro pazouenus Kyba B™ TP,

IIycTh 0 — m-peryisipHoe MHOKECTBO HaGOpoB KyGa B P,
coorsercrByoree cucreme PAJI ¢ = (¢1,...,1,) (cm. puc. 8.2a),
aA = (d1,...,d) — HOCTPOEHHOE JjIs1 Hee 110 jieMme 6.1 pa3ou-
enue Ky6a B 1P, Bamerum, aro mobas PAJL g, g € Py (m + p),
Ha, JII000ii KOMIIOHEHTE 9TOr0 pasGuenus Buua 0 & o, rjie

o = (0,...,0,0ém+1,...,06m+p),
——

m

cosaaer ¢ OAJI

Qmp

g=x," V...V, gp, (8.2)
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1+ Tm—1 T, 7/)1 ¢2 . 1/)p
Io -0 01]0 0
0 ---0 1]1/|0 0
m : :
1 0
- 0
0 0
2 AN R Y
0] 1 0
0] 0 1
0] 0 1
Tp :
1 1 1/0]0 1

Puc. 8.2: m-peryasiproe MHOYKECTBO 0 U CBSI3aHHAS C HUM
cyneprosuiust KC
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e g; = gy € GO, ¢ = 1,...,p. Ipu srom PAJI § mo-
JKeT OBITh PEATM30BAHA B PE3YILTATE OMEPAITNN TIPUCOETHHEHMST
Om41 Qmtp

3B€3/Ibl U3 KOHTAKTOB BHAA T\, . . ., Tyt K BBIXOZAM (1, A)-

KC Xq, peanuzyromeii cucremy @AJI G, Tak, Kak 3T0 MOKa3aHO
Ha puc. 8.2b. 3aMeTuM TakxKe, ITO yKa3aHHAs Ollepallusi CyIep-
IIOBHIIIN SIBJISIETCS KOPPEKTHOI Ha MHOMKECTBE HAGOPOB O & v
B CHJIy TOI'O, YTO M3 KOHTAKTOB Ipucoeuusiemoit (p, 1)-KC na
JIIOO0OM HabOpe ITOr0 MHOYKECTBA ITPOBOIUT TOJIBKO OJIMH.

Teopema 8.1 (cp. [14]). Jaa mobott PAJI f, f € Pa(n), cy-
wecmeyem peasusyrowan ee KC Xy maxas, wmo

L(Z)) < % (1 10 (%)) (8.3)

Jlokasameavemeo. Ilycrb ¢ = m +p, a A = (01,...,00) —
OIIMCAHHOE BbIIe pasdbmeHne Kyba B?, ¢ MOMOIIBIO KOTOPOrO
DAJI f MOXKHO TIPE/ICTABUTE B BHUJIE

2p
P =V E) Ve (@),
i=1 " 0" =(0g4+15-,0n)
(8.4)
rzge/p — xapakrepucrimieckasg PAJI 6;, a B xkauectse PAJIL for ;
7

npu Beex 0’ ,0” € B" %, ui, i € [1,2P], 6eperca PAJI g, ; BuIA
(8.2), conaatomas ¢ ®AJI f,n (2') na xKommonente §; = 6 @ .

[Mycrs X — (1, M)-KC, koropas peanusyer cucremy PAJI

o ux cosepiieHubiM JIH® Ha ocHOBe KOHTAKTHOTO JepeBa
(em. memmy 1.2 m onenky (1.2)). st kaxgoro i, i = 1,...,2P,
nocrpouMm (1,2"79)-KC X! (cm. puc. 8.3a), Koropast COLeprKUT
KC Y B KauecTse mojcxemsl 1 peammsyeT Kaxkayio PAJT g ;
Bujia (8.2) ¢ HOMOIIBIO KOPPEKTHOH Ha MHOXKECTBE HabOPOB
d; CymIepIo3uIuu, NoKasaHHOW Ha pucyHke 8.2b. Ilycrs, ma-
aee, (1,2"~™)-KC X' nosyuaercss B pe3y/IbraTe OTOXKJIECTBIIE-
Hus1 BXOZIOB y nocrpoenHsix Boime KC X/, i € [1,2P], u peanusy-
er cucremy u3 Bcex OAJI Buna §o» ;, rae o € B"9, i € [1,27].



§8. Acmmmrormiecku Hamtyimmit Metos cuare3a KC 53

BaMeTI/IM, Y9TO IIPpHU 3TOM BBIIIOJIHAIOTCA HEpaBEHCTBA

L( ) < )\2m+1,
L () <L(Zq)+p2" Y,
L () <p2n™™ 4 X201 (8.5)

[Mocrpounm, Hakorer, Kackajanyio (2"~ 1)-KC X", koropasi

peanuzyetr crosder u3 Bcex OAJI BI/I,Z[EVC' (') -xgﬁfil SR AL i

K2
€ [1,2°] u 0" = (0g41,...,0n) € B" 9. Dra KC nouyuaercs
B pesysbrare obbeunenns 2P cxem tuna (279, 1)-KJI or BIT
2, K BbIXOJAM KOTOPBIX mpucoeuiensl Bxoanl (2P, 1)-KC, pe-

aymsyoomeil cronben nz GAJI /C‘, i € [1,2P], u noyvaromniencs
K2

u3 (29,1)-K/I or BII 2’ B pesynbraTe cCOOTBETCTBYIOMIETO OTOK-
JectBiaennst BXogaoB (cMm. puc. 8.3b). Jlerko BujeTh, 4TO HpU
3TOM

L (%) 20tt 4 onmmtl, (8.6)

Uckomas KC X sBisgeTcsa pesylibTaToM KOPPEKTHOH CTHI-
koBKH Buga Ly = X’ (X), momydennoii B pesyibraTe IPHCO-
emnaenns BxonoB KC Y k Bexomam KC Y/ B cooTBeTcTBHE C
upescrasienneM (8.4), ciioxKHOCTH KOTOPOii, B cuity (8.5)—(8.6),
YJOBJIETBOPSICT HEPABEHCTBY

L(Zp) < (p+2)2" ™+ (A +1)20T

W3 sToro HepaBeHCTBA IIPHU

3
m = {QIOgnJ u s= [n—%/ﬂ,
[P KOTOPBIX BBIIOJIHEHBI YCJIOBUS

2m
s<2m,p:[8-‘ ng=m+p<n
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= s
T :M
: _ A
1 Sg Bedor B % KJ1(2)

0~ . — /CQP.
>QT,Z N K,E[(z”)

2//

a) b)
Puc. 8.3: Kk mokazaTeabCcTBy TeopeMbl 8.1

BBITEKAET HEPABEHCTBO (8.3) J/Ist CTIOXKHOCTH X ¢, TAK KaK

on omn 1
2)gn—m < = Lon—m _ 2 (1 T ,
(p+2) S+3 n(+0<\/ﬁ>>

+1 s om+p+2 22mtstpts
A+ 1)20tl < pos gmipi2 ¢ =
S

<
< QQn—\/ﬁ—Hﬂogn _ 0( 2" > )
s ny/n

Teopema moxkazana. ]

CaencrBue. /s (8.3) ¢ yuemom nuorcneds oyenku (4.13) evi-

mexaem, 4mo
27’L
L¥ (n) ~ =—.

n

Sameuanue. ITocrpoennyio KC X r moxxHO pasbuth Ha He 6olee,
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qeM

2n
Ap 2P 4 on—mtl L (N4 )29t =0 ==
pre A+ nyn

«3Be31», KaXKJas N3 KOTOPBIX COCTOUT U3 KOHTAKTOB OIHOI'O
u Toro ke tura. g 3Toro 10cTaTovHO KOHTAKTHI BCEX 3BE3/I,
TOKa3aHHBIX Ha puc. 8.2b, mepepacipeeuTh B 3B€3/bI U3 OIHO-
TUIMHBIX KOHTAKTOB, «IIEHTPAMU» KOTOPBIX SIBJIAIOTCS BBIXOIIbI
nogcxeM Y cxeM X, i =1,...,297™ a y060il U3 OCTAIBHBIX
kouTakToB KC ¥ cumraTh oTIeIbHOMN 3B€3/10i.

§9 3apada cumHTe3a cxeM isg DYyHKIUI U3 CHeu-
aJIbHBIX KJIACCOB. ACHMIOTOTUYECKH OIITUMAJIb-
HbI€ MEeTO/Ibl CUHTEe3a cxeM u3 (PpyHKIMOHAJIb-
HBIX 3JIEMEHTOB 1 KOHTAKTHBIX CXeM JJis (pyHK-
Uil 13 HEKOTOPBIX KJIACCOB

MoraocTHBIE CO0OparkKeHnst MOYKHO HCIIOJIb30BATD IPH HOJLY Ye-

HUJ HUPKHUX OIeHOK st pyHKIwii [IlenHOHA, CBSI3aHHBIX C pe-

ammzanmeit  PAJI m3 wkmacca Q, Q = Q(1),9(2),...
,9(n),..., oue

QCPuQn)=9nkPn ##2, n=12,....

[Iycts U — oamH M3 pacCMOTPEHHBIX B IJIaBe 2 KJIACCOB CXEM,
U — Beenenublii TaM dyHkunonan cioxuocru, a ¥ (Q (n)) —
dbynknus Hlennona (s xkmacca cxem U OTHOCHTEIBHO (DYHK-
onasia cyioxkuoctu V), cesizannas ¢ kiaaccom PAJI Q, ro ecthb

¥ (Q(n)) = fggé)\l’ (f)-

Cresyrolee «MOIHOCTHOE» HEPaBEHCTBO 000011aeT paBeHcTBo (4.1)
1 BBITEKAET HEIOCPEICTBEHHO U3 OIPEIC/ICHMI:

[UCT(Q(n)), )]l =2 (n)]- (9-1)
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OHO 103BOJISIET MOJIyYUTh HUKHIOK OneHKy (hyukiuu lenno-
Ha U (Q(n)) HAa OCHOBe M3BECTHOI BepXHEil OIEHKH BEJINIUHBI
I (w, ).

PaccMoTpuM, B 9aCTHOCTH, HIZKHHE MOIIHOCTHBIE OIEHKN
ars byt LC(Q (n)) u LK (Q(n)), To ects dynximit [len-
HoHa s ciaoxkuocru peajnsanun OAJI us kinacca Q cxemamu
u3 xnaccos UC n UK coorsercrsenno. Ha ocrose MommmocTHBIX
coobpazkenuii (cm. (9.1)) aHAIOrHYIHO TOMY, KaK 3T0 OBLIO Clle-
naHo B Teopeme 4.1 jyuist cirydast Q = Pa, IOKa3bIBaeTCs CIIeJLy-
I0IIee YTBEPK ICHHE.

Jlemma 9.1. Jasa wxaacca DPAJI Q maxozo, wmo n =
=0 (%) (logn = o (loglog |Q(n)])), svnoansomes cae-

&ymugue aAcCuUMNIMoOMmuvYeCrue HeEpPpaceHCcImea

c log 2 (n)|
L@ ) Z o 9.2
log 2 (n)

(coomeememsento L* Q) 2 m

). (9.3)
IIycrb, Hanmpumep, kiaacc Q cocrout u3 Becex PAJI, cummer-
pudHBIX 10 mepBbIM AByM BII. Jlerko BHaeTh, YTO mpu 3TOM
|Q(n)| = 212" rak kax f € Q(n) Torga u TOJIBKO TOLJA, KOLJA
BTOpas W TPETbs YeTBEPTH CTOJOIA 3HAYEHUH ('f COBIIAAIOT.
CiaemoBarebHO, B Ly JieMMbI 9.1, OTCIOa BBITEKAET, 9TO

2n n

n

\]

LYQm) 2 7 L*Qn)z - (9-4)

n

N
o

Ornucannbie B §85, 7, 8 acCUMITOTHYECKU HANTY YIITHE METOJIBI
CHHTE3a CXE€M OPUEHTUPOBAHBI, BOOODIIE TOBOPsI, HA IIPOU3BOJIb-
HYIO WK camyio «ciaoxuyioy» PAJI. Tem e mMeHee, BO MHOTHX
CJIydIasgX OHU CJIYZKAT OCHOBON aCUMIITOTUIECKHU HAMTY YITAX M€~
Tog0B cunresa COD u KC g ®AJI us 3a1aHHOIO ClienaabHO-
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ro ksacca Q ¥ HO3BOJISIIOT YCTAHOBUTD JIJIsl 9TOIO KJIACCA «CTaH-
naprabie» (eMm. (9.2) u (9.3)) acumnroruku Buja

log log [Q(n)|

K ~ L°(Q(n
L*(Q(n)) ~ L¥(2(n)) log [Q(n)]

(9.5)

Bamernm, uro acumnroruku (9.5) ycraHABIMBAIOTCS, KaK IIpa-
BIWIO, nyTeM cBejienust 3asa4dn cunre3a COD wm KC st sro-
6oit PAJI uz Q(n) K 3ajade cuHTE3a COOTBETCTBYIOMIEH CXEMbI
JUUISI CUCTEMBI U3 OJIHOW MJIM HECKOJIBKUX TPOM3BOJIbLHBIX DAJI
ot Mmenbirero gucaa BII. IIpu stom Tpebyercs, 4T0ObI 1BOMH-
ublit sorapudm unciaa tex cucrem PAJI, Kk peanmmsanum KOTO-
poix cBoguTest peasmsarust PAJI uz Q(n), 6bLT ACUMITOTHIECKT
pasen log |Q(n)|, a croxmocrs Benomorarenbubix PAJI, obec-
MIEIUBAIONINX JIAHHOE CBeJieHne, Oblia ObI CYIIECTBEHHO MEHbBITIE
npasoit gactn (9.2) mm (9.3).

BosbmeMm B KatecTBe puMepa BBeJIeHHbIN BhIie Kiace PAJI
Q, cocrosituii u3 Bcex ®AJI, cMMMETPUYHBIX 110 [IEPBBIM JIBYM
BII, u mokaxkem, 4TO

[\
3

LC@m) sy

>

TO €CTb, ¢ yueToM (9.4), ycTaHOBUM JIst HEro acuMnToTuky (9.5)
BILJIA,

3 27
L¢ ~ = —.
@m)~2.2
HeiicrBurensho, pasmaras PAJIL f (z1,...,z,) n3 Q(n) no BII

1, 2, IIOJIyIUM

f (iEl,iEQ,.’E/) = \/ ‘/E({lngfUl,O'Q (l’,) ) (96)

(01,02)€B?

e ¢’ = (x3,...,Tn) U fo.00 (') = for,00 (01,02,2"), mpuuem
for = fio B cumy cummerpuanoctu PAJL f mo BIT x4, x9. Mcko-
mag CPD 3 peammzyer PAJI f B coorsercruu ¢ (9.6) u nmeer
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Bug Xy = X" (X'), nne X" — mysmbrumekcopuas COD nopsxa
2 ot agpecubix BII x1, 22, a C®D X/ or BII 2’ peanuzyer acumi-
Torudecku HamwrydmuMm criocobom PAJI foo, for = fio u fi1 oT
BIT . Jlerko BHAETH, 9TO CJIOKHOCTH IIOCTPOEHHON CXEMBI X
ACHMIITOTUYIECKU HE DOJIBITE, YeM %% AHaOTUIHBIM 06pa3oM

JOKa3bIBaeTCA, ITO

32"
L¥(Q(n)) ~ ==.
@) ~ =
Jns kmacca @OAJI () BBeIEM «MOIITHOCTHYIO» IIOCJIEI0BA~
TEJILHOCTh log |Q(n)]
og |Q(n
oQ(n) = =5,
rnen = 1,2,.... Illpu 3Tom u3 onpenenenus ciaemyet, 94To 0 <
og(n) < 1 s seexn,n=1,2,.... Kmacc ®AJI () HasbiBaercs

nenyaesvim xaaccom PAJI ecan lim, | og(n) > 0.
Paccmorpum tereps ciesytorue oneparuu wvag OAJI:

1) nobasienue n nsbstue dbukruHbix BII (mepexon k pas-

noit @AJI);

2) nepenmenosanue BII 6e3 oroxkiecTBienus (1iepexo K KOH-
rpysuTHOit DAJI);

3) nogcranoska koucrant 0, 1 Bmecro BIT (mepexos K moj-
dbyukunm).

MuozkectBo OAJI Q, Q C P,, HA3BIBAETCS UHBAPUAHITHBLM
kaaccom PAJI ecim OHO 3aMKHYTO OTHOCHTEJIBHO TPEX yKa3aH-
ubIx oneparwit. Muoxkecrsa {0}, {1}, {0, 1} nassBarorcss mpu-
GUANLHBLMU UHGAPUAHMHBLMY KAACCAMU. ECIn mHBapuaHTHbII
kjacc () He siBisieTcst TpuBHaabHbIM, TO @@ O {0, 1}, mockosb-
Ky () CONEP’KUT HEKOHCTAHTYIO (PYHKIMIO, U3 KOTOPOM MPH I10-
MOIIHA OIlepaliun 3 MO2KHO ITOJIYy9IUTDH O6e KOHCTAHTHI. ()TMeTI/H\/I7
910 ecam Kiacc () 3aMKHYT no cymeprnosunuu u {0,1} C @,
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TO Ky1acce () siByisiercs nHBapuanTHeIM. [Ipumepamu nnBapuant-
HBIX KJIACCOB MOTYT, CJIEJIOBATEJIbHO, CIYKHUTh Kiaccel M u L
BCEeX MOHOTOHHBIX U Beex JimHeHbIX D AJI coorBeTcTBenHO. [Ipn
9TOM KJIACC CAMOIBOMCTBEHHBIX (DYyHKIWI, a TakzKe KJiacchl 1
u T} — kJaccel coxpaneHuss KOHCTAHT 0 u 1 cOOTBETCTBEHHO, —
He fABJIAIOTCA MHBaPpUAaHTHBIMUA (OHI/I HE 3aMKHYTbI OTHOCUTE/Ib-
Ho omepanun 3). Kiace Becex cummerpudeckux PAJT Takke ne
ABJIAEeTCA MHBapUaHTHBIM, TaK KaK OH HE 3aMKHYT OTHOCUTEJIb-
o onepanuu 1. [Ipn 9TOM MHBAPUAHTHBIM SABJISIETCS KJIACC S —
kitace xkeazucummempuyeckur PAJI, To ectb GyHKIMA, cuM-
MeTPUIECKHUX II0 BCEM CBOUM CYIIECTBEHHBIM IT€PEMEHHBIM.

JlemMma 9.2. ITycms QQ — unsapuarnmuwoiti xaace PAJI. Toada
€20 MOUHOCTVHAA NOCALI0BAMENLHOCTIL 0Q(N) MOHOMOHKO He
803pacmaem U crodumcs x npedeiy

_. i lozlQ()]
76 = o0l = e T

ede wucao og ydosaemeopaem nepasencmeam 0 < og < 1.

Joxasamenvcmeso. 113 onpesenenust IOC/IeA0BTEIBHOCTH o) (1)
CJIEJIy€T, ITO JIJIsl KayKIOT'0 1 BBIIOJIHEHO HepaseHcTBo 0 < og(n) <
1, TO ecTb 9TA MOCJIENOBATEIBHOCTD 0Q(n) orpanudena. Iloka-
JKeM, YTO OHA MOHOTOHHO HE BO3PACTAET, OTKYJa OyJeT cjeso-
BaTh €€ CXOAMMOCTb. B cujly mHBapumaHTHOCTH Kjacca (), BCs-
Kyio dyukimo f u3 MHokecTBa Q(n + 1) MOXKHO TIpeJICTABUTH

B BHUJE

f(:L'l, RN $n+1) = Tn+1f0(x1, ... ,.’L‘n) Vv 1‘n+1f1($1, .. ,xn),

e fo(x1,...,2n) = f(x1,...,2n,0), 0 € B, u obe PAJIL fo,
f1 npunaexar muoxectsy @Q(n). Orciona cpasdy BbITeKaer
HEPABEHCTBO

Q(n+1)| < [Q(n)],
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13 KOTOPOTro, B CBOIO O4Yepe/ib, CjaeayeT, 9TO

son +1) = PRI LB o),

MoHOTOHHOE HEBO3PACTAHNE U, CJICAOBATEILHO, CXOIUMOCTD II0-
caepoBarenbHocT og(n), n = 1,2,..., JokasaHa, a IpUHAJ-
JIEXKHOCTD €€ TIpefiesia 0 AeficTBuresbHOMy oTpesky [0, 1] cire-
JlyeT U3 TOrO, YTO eMy IIPUHAJICIKAT BCE YICHBI JIAHHOMN MOCIe-
JIOBATEILHOCTH.

JlemMa mokaszaHa. ]

Samevanue. Ilpenen og Gyaem HA3BIBATE MOUHOCTVHOT XaPaK-
TepucTuKoil Kytacca ). Ilpm sToM mHBapumaHTHBIN Kjaacc () ¢
xapakTepucTukoii 0g = 0 (g > 0) Ha3BIBaeTCsH HY.A€6bLM (CO-
OTBETCTBEHHO HEHYACEHIM ).

Paccmorpum mocTaTowHO OOIIHi TOAX0/T K PEIIEHNTO 38141
cunreza COD myg OAJI us crenpaabHBIX KJIACCOB, IIPEIJIOXKEH-
Hblil B pabore [17] O. B. Jlynanosa 1 Ha3BaHHBIN UM IPUHIUIIOM
JIOKQJILHOTO KOJUPOBAHUSI.

OcHoBaHas mjiesl 3TOTO IOJAX0Ja COCTOUT B TOM, 9TOOBI C
ITIOMOIIBIO OIIPEIEIEHHOTO «KOJUPOBAHNSI» CBECTU 3aaqy CHH-
Teza COD st DAJI mim cucrem PAJI us 3aganroro Kiacca
K aHAJIOTUIHON 3a/a19e CHHTEe3a JJIs KJIACCa IPOU3BOIbHBIX WJIH
Oomm3kux K HuM cucreM PAJI cooTBeTcTByIOMEN Pa3MEPHOCTH.
Crenyroliee yTBEpKIEHUE U €0 JIOKA3aTEeILCTBO JAI0T IPUMED
pemenus 3agaun cuaresa COD mia OAJI uz nHBapHaHTHOTO
KJ1acca () ¢ IOMOIIBIO IPUHIAIA JIOKAJIHLHOI'O KOJUPOBAHMUS.

Jlemma 9.3. Jlaa scarxozo uneapuarmmuozo xaacca QQ u n =
1,2,...

L (Q(n)) ~ UQ% npu og > 0, (9.7)
L (Q(n)) = 0(0@%) npu og = 0. (9.8)
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Loxazameavcmeo. Paccmorpum chadasa ciaydait og > 0. B
9TOM CJIydae B COOTBETCTBUU C BBEJEHHBIMH BBbIIlle 00O3HA4e-
HUSMM U B CIJLY JIEMMBI 9.2 TIOJIy4Ynm

_ loglQ(n) _ _og(m)-2" 2"
QM) = (g log Q)] ~ Toglog(n) 27 ~ “@n

orkya 1o JemMme 9.1 cieryer HuzKHsIs oneHka (9.7).

[Tepeiiném k nosydenuto BepxHeit onenku (9.7). st s10-
ro BO3BMEM IIPOM3BOJILHOE HATypaJbHOE 1 M HATypaJbHOE (,
q < n, a 3aTeM OOBIYHBIM OOpazoM pa3obnéM Habop BII x =
(x1,...,2,) HA MOTHAGODPEL &' = (21, ...,2q) U z” = (Tgy1,...,Tn).
Bribepem u3 muoxkectBa (Q(n) uponssosbryto PAJL f u s
kaxkjoro nabopa o”; ¢” € B"(x"), nonoxum Kak 0OBIYHO,
for(2") = f(2',0"), npuuém B mannom ciaygae fo(z') € Q(q) B
CHUJIy MHBAPUAHTHOCTH Kjacca (.

Momoxum A = [log|Q(¢)|] u nycrs II' — npoussosbHoe
UHbEKTUBHOE oToOpakenue (koxuposanue) PAJI muoxecrsa Q(q)
nBomdHBIME HaGopaMmu Ky6a B or BIl y = (Y1,---,Yn), TO

ect I': Q(q) — B*(y), koTopoe cymecTsyer, Tak Kak 2% >
|Q(q)|. Bamernm, aro PAJI fyn(x') oxHosHauHO oupejesier-
e CBOMM <«KOIOM» Tipr = 1'(fon(2')) m mosromy cymecrsyer
DAJI h(2',y), h € Py(q¢+ \), Takas 1ro

f(o', 0"y = h(o', 7o)

npu m06bix o u o’ uz BY(x') u B"9(z") coorBercTBeHHO.

[ycrs O = (O1,...,0,) € P(n—q) — cucrema ®AJI, koTo-
pasl colocTaB/isieT IIpou3BoJibHOMY Habopy o, o’ € B" 4, na-
6op («xom») men u mycts CDD N u3z UC, mocrpoennas acum-
TOTUYECKU HAMJIYUIIIUM METOJ0M, peausyeT 31y cucremy OAJI
CO CJIOKHOCTBIO

L(So) < Asn__z +o(§n__2).
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Hckoman COD X peamusyer PAJI f B coorsercTBum C
MpEeICTABICHIEM

f@,2") = h(a',0(z"))

u cozepXKuT B KadecrBe mnojcxeMbl CPD Mg(x”,y), a Takke
[IOCTPOEHHYIO aCUMIITOTHYECKH HamIydimuM MeTogoM CDD Xy,
koropast peasmsyer PAJL h(z',y).

[Monarast ¢ = [logn], u yaursiBasi, 910

A< og(9)27+1 S 029,

IIOJIyYUM BEPXHIOKIO OIICHKY

n—q on
< go—.
~ 9Q n

2
LX) So0p2¢
(2r) S 002! —
B ciyuae og > 0 orcrona, ¢ y4€ToM HUZKHell OICHKHU, BbITEKa-
er (9.7).
B ciyqae 0g = 0 uckomas CPI ¥y cTponTes aHATIOTHIHO,
HO TaK KaK IIPU 3TOM IOJICEJOBATEILHOCTE 0¢Q(¢) CTPEMUTCA K

L(zy) :o<2>,

n

HYJIIO, TO

qTo jokasbiBaer (9.8).
Jlemma moxkazaHa. ]
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